Cac 1oi giai khac nhau cho bai toan hinh
hoc hay chon doi tuyén Ha Noi 2015-2016
Nguyén Duy Khuong-chuyén Toan khoa 1518-THPT chuyén Ha Noi Amsterdam

L3i néi dau: Bai viét nay lay cam hing tit nhiéu 15i giai khac nhau ma anh Ngé
Thé Anh Khoa-12T1-THPT chuyén Ha Noi Amsterdam da gdi vé cho toi.
Bai viét van sé cap nhat thém cac 10i gidi ma to6i chon loc khi cac ban géi cho to6i qua
facebook(MG Khwong Nguyén) hoic email:nguyenduykhuong696@gmail. com

Bai toan (Ha Noi TST 2015-2016): Cho dudng tron dusng kinh AB. Lay diém
C trén ntta dudng tron nay sao cho 90° < ZAOC < 180°. Lay K la 1 diém thay doi
tren doan OC. V& cac tiép tuyén AD, AE dén duong tron (K; KC). Chiing minh
ring DE, AC, BK dong quy tai 1 diém.

L&i giai 1(Ngdo Thé Anh Khoa-12T1-THPT chuyén Ha N6i Amsterdam):
Goi AC cat duong tron (K) tai diéem T,giao BK tai diem L. Do C la tam vi tu



trong ctia (O) va (K) nén ta co: TC = "C" do d6 ta c6: TK||AB. Ap dung dinh
1i Menelaus cho tam gidc LAB v6i cat tuyén OKC' ta co:

CL OA KB CL TL

— . = 1. € 5 — = —— o} = —1. M3
CA OB KL 1. Do TK||AB neén ta c6 A= TA do do6: (AL, TC) 1. Mat

khac néu goi DE cat AC tai diém L' thé thi (AL'TC) = —1 do d6 L = L' do d6 ta
c6: DE, BK, AC dong quy(dpcm).

Nhan zét: Loi giai thi nhat rat hay béi toi thuc sy rat an tuong véi cach st dung vi
tu & day.

Lai giai 2(Nguyén Duy Khuong-11T2-THPT chuyén Ha No6i Amsterdam):

Goi BK cét lai (O) tai diém thi hai J. Goi JA cit DE tai diéem N. Do /K JA =
/KDA =90° do d6 t1 gidc JADE noi tiép. Do (O) tiép xtc (K) nén ap dung tinh
chat truc déng phuong thi tiép tuyén chung tai C ctia (O), (K),DE va JA dong quy
tai 1 diém N. Goi DE cit BK tai diém M. Ké tiép tuyén thii hai NS t6i (K) thé
thi do NC da la tiép tuyén t6i (K) nén ta c6: DSCE 1a 1 tit giac dicéu hoa do d6
hién nhién 1 ta c6: A, S, C thing hang. Goi M la giao diém ctia BK va DE. Goi I
la trung diem DE.

Do M la tryc tam tam gidc ANK nén: MN.MI = MJMK = MD.ME(do
A, J, K, D, E dong vién). Vay ta thu dugce: (NM, DE) = —1(theo he thitc Maclaurin)



suy ra: C(NM,DE) = —1 ma 6 trén ta da chi ra duge: C(NS,DE) = —1. Do do:
S,C, M thang hang. Vay AC, BK, DE dong quy tai diém M (dpcm).

Loi giai 3(Nguyén Trung Hiéu-12T1-THPT chuyén Ha No6i Amsterdam):
Goi T 1a giao diém ctia AC va (K). Goi L la giao diem ED va TC. Tu gia thiét ta
c6 duge: EDTC 1a mot tii giac dieu hoa. Do d6 ta c6: ED,tiép tuyén tai T,C' dong
quy tai 1 diém goi la diém P. Vay ta ¢6: PK 1 AC. Lai ¢6: AK 1 ED nén L la
trye tam tam giac PKA. Goi BK cit AP tai diém Q vay ta thu duge: KQ 1L PA
vay ta c¢6: PQ.PA = PR.PK = PC?, hay la Q thuoc (O). Do dé6 c6: ZBQA = 90°
ma /KQA = 90° nén thu duge: B, L,K thang hang hay la DE, BK, AC' dong
quy(dpem).

Nhan zét: O 15i giai thit hai va ba ddu chi trong t6i giao diém hai tiép tuyén ctia ti
gidc diéu hoa xong cach tiép can cudi khac nhau dan t6i hai 16i gidi la mdat.

Loi giai 4(Nguyén Lé Phuéc): Mot 161 giai ngan nhat va hay nhat cho bai toan
hay nay.

Tren AC lay diém I sao cho IK|AO thé thi KI = KC do d6 CDIFE nai tiép.
Goi BK cat (O) tai H khac B thi ZAHK = 90° suy ra HDKFE noi tiép. Ma
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/HCI = /ZHBA = /HK]I suy ra CHKI noi tiép. Ap dung tinh chit truc ding
phuong cho ba dudng tron (CDIFE),(HDKE),(CHKI) di nhien BK, AC, DE dong
quy.



