TiM CONG THUC TiNH SHTQ CUA DAY SO BANG HAM
HYPEBOLIC

DU QUOC DAT

Gido vien truong THPT Nguyén Hitu Cau, huyén Héc mon, TP H6 Chi Minh
I. Lai néi dau:
Bai toan tim cong thitc tinh s6 hang t6ng quét clia mot day sé cho dudi dang truy hoi 1a mot bai toan rat da dang va

thuong gap trong nhing dé thi Olympic, thi hoc sinh giéi quéc gia, qubc té. C6 nhidu hudng tiép can bai toan nay va
c6 nhidu cach giai khac nhau.

Trong bai viét nay toi gidi quyét bai toan bang céch sit dung cdc ham hypebolic .

Téc gia rat mong nhan dudgc sy gép ¥ clia cac dong nghiép qua dia chi email: duquocdat2009@gmail.com.

I1. No6i dung:
I1.1. GiGi thiéu cac ham Hypebolic.
e Ham sin hypebolic dinh bdi: shx = % c6 tap xac dinh R va tap gia tri R
e Ham cos hyperbolic dinh bdi: chx = % ¢6 tap xac dinh R va tap gia tri [1, +00)
N L. . shz e*—e ?®* .
e Ham tan hyperbolic dinh bdi: the = — = —————— ¢6 tap xac dinh R va tap gia tri (—1,1)

chr et +4e 7

h xr — T
e Ham cot hyperbolic dinh bdi: cothx = Ch—x = i c6 tap xac dinh R\ {0} va tap gia tri (— oo, —1)U (1, +00)
shr e*—e™7*

Céc tinh chét sau ban doc c6 thé tu ching minh:

1. ch®z — sh®z =1
2. ch (z £ y) = cha.chy £ shx.shy
3. sh(z £y) = cha.shy £ chy.shx
4. sh (2x) = 2shx.chx
5. sh (3x) = 4sh3x + 3shx
6. ch (2z) = ch?x + sh?x = 2ch?x — 1 = 2sh?r + 1
7. ch (3x) = 4ch3x — 3chx
8. ch (4x) = 8ch*z — 8ch®x + 1 = 8sh*z + 8sh?z + 1
9. sh (4r) = 8sh3x.chx + 4shx.chx = 8sh3xv/1 + sh2z + 4shav/1 + sh2z
10. th (20) = 2
%h—g;]fgthx
1L th (32) = s
I1.2 Cac dang thudng gap.
1. Dang 1: Cho u,

Upi1 =2u2 —1; Vn € N*

Ta xét cac truong hgp sau:

* Truomg hop 1:Néu u; = 1 thi ta dugc u, = 1, Vn € N*

Néu u; = —1 thi ta dugc u,, =1, Vn > 2

* Truong hop 2:Néu —1 < uy < 1 thi ta dat ug = cosa; a € (0,m)

Chiing minh quy nap ta dugc: u, = cos (2”_1oz) .

* Truomg hop 3: Néu uy > 1 thi ta dat u; = cha. Chiing minh quy nap ta dudc u, = ch (2”71(1)

e*+e . . . s .
Luu §: w1 = cha < uy = % Giai phuong trinh ta chi can chon mdt nghiém e®.
2n—1 _ 2n—1
e e ¢
Khi doé: u,, = (e%) 2( )

1 ©diendantoanhoc.net



* Truong hop 4: Néu u; < —1 thi ta dat u; = —cha. Chitng minh quy nap ta dude u, = ch (2"*1a) , Vn>2
Céac dang day sb quy vé dang 1

Ch
1.1. Dang: ot 2
Upt1 =ug — 2, Vne N*
_ 1
bit u,, = 2z, ta dugc: = 2u1
Tpyl = 2m% —1,Vn € N*
Cho u;
1.2. Dang: 2 a+0
& U, 1 =au2 — = | Vn e N* (a70)
2 e
T = —Uu
Dit u,, = —z,, ta dugc: '
a Tpe1 =222 —1, Vn € N*
Ch b2 —2b -8
1.3. Dang: o 2 (a #0,c= )
Up+1 = aui + bu, + ¢, Vn € N* 4a
Ta dit: u,, = pz, + g, thé vao gia thiét va tim p, ¢ dé ta duge: v, = 222 — 1
Cho uy
1.4. Dang: n a#0
we Upip =u?—-2a%? | VneN* (a #0)
1
Diit u, = 242" 'z, ta dugc: 1= 5"

xn+1:2x%—1,Vn€N*

Cho uy
1.5. Dang: n n a0
e { Up 1 = 2a% u2 —a®th2” vn e N* (a#0)
1
ne T = —u
Dat u,, = a™? 13:” ta dudgc: Tt
Tpy1 =272 — 1
Ch > -2
1.6. Dang: o=
Unt1 =vV2+u,; Vne N*

Ta xét cac truong hgp sau:

* Truong hop 1: Néu —2 < uy < 2 thi ta dat u; = 2cosa; « € (0,m) roi 4p dung cong thic 1 + cosa = 20052%,
chiing minh quy nap ta dugc: u,, = 2 cos 275% , Vn e N*

* Truomg hgp 2: Néu uy > 2 thi ta diat u; = 2cha rdi 4p dung cong thitc 1 + ch (2a) = 2ch?«, chitng minh quy nap

ta dugce: u,, = 20h275L_1 , Vn € N*
Cho uy

1.7. Dang:

e { Upi1 = 2upy/1+u?, Vn e N*
Dit sha = uq, gial phuong trinh dé tim e®
Chitng minh quy nap ta dugc:

. 271—1 —a 2n71
un = sh (271a) = €L —(€0)

Ch
Dang md rong;: o Véia, b>0vaab=2

Uni1 :b(un—i—c)\/u%+20un+02+a2—c, Vn € N*

Chou; >1
1.8. Dang: véia>0 va a®2—-b%=1
e { Upi1 =au, +by/uz—1, Vne N*

chB =a . cha =u .
Dit { b , giai he dé tim ef va dat ! , giai he dé tim e

sh =10 sha = \/u? — 1
Ta duge: ug = cha.chf + sha.shff = ch (o + )
Chiing minh quy nap ta dugc:

Dang md rong: Un Vn € N* véia>0 a>0vaa®—-b=1



T 24 b 1 1
Bién déi: _ ot Vet :a<>+ c+b<2

Un+1 Un, Un n Up,
Cho uy
1.9. Dang: 2u,
’ u =———,VneN*
n+1 1 + u%

Dang nay ta chia truong hgp nhu sau:

* Néu vy = 1 hay u; = —1 thi u, = 1 hay u,, = —1
* Néu —1 < uq < 1 thi ta dat u; = tha

Chiing minh quy nap ta dugc:

2%—1 _ 2n71 2% 271—1
@ - « e -1
U, = th (2”*104) = (e )2n_1 (e )2n_1 = ( 2 , Vn € N*
) + (e @) (e2@) +1
; N 1
* Néu u; < —1 hay u; > 1 thi ta dat u; = cotha = The
o
Chiing minh quy nap ta dugc:
N G N
un:th(2 a):W,VnZQ
Ch Ch
1.10. Dang;: e (a) va et (b)
Upt+1 = 4u;, — 3u,, Vn € N* Upt+1 = 4u;, + 3u,, Vn € N*
V6i dang 1.10a) Ta xét céc trudng hgp sau:
* Truong hop 1: Néu u; = 1 hay uy = —1 thi ta dude u, = 1 hay u,, = —1, V& N*
* Truong hop 2: Néu —1 < u; < 1 thi ta dit u; = cosa; « € (0;)
Chiing minh quy nap ta dugc: u, = cos (3”_1oz)
* Truong hop 3: Néu w; > 1 thi ta dit u; = cha.
Chitng minh quy nap ta dugc:
o 371.71 o Snfl
_ + (e?)
n = h 3n 1 _ (6 )
U c ( a) 5
* Truong hop 4: Néu u; < —1 thi ta dat —u; = cha
Chiing minh quy nap ta dugc:
3%71 371,—1
. e 1 (e)
n = — h 3n 1 — _ (
U c ( a) 5
V6i dang 1.10b) ta dat u; = sha. Ching minh quy nap ta dugc:
a 371.71 _( (1)3"71
n = h Sn—l — (e ) €
U s ( a) 5
Cac dang day sb quy vé dang 1.10.
Ch
1.10.1. Dang: om (a>0)
Upt1 = au,, + 3u, ; Vn € N*
Nhan zét: Ta tim cach quy vé dang trén nhu sau: Dat u,, = bv,.
Thé vao gia thiét ta dugce: bv, 11 = ab3v3 £ 3bv, = v,41 = ab®v3 + 3v,
Ta can tim b sao cho ab?> =4 < b= NG
1.10.2. Dang: § ¢
Upt1 = au,, + bui + cup, +d, Vn € N*
b? b(c—3) b b’ + 9a b® + 18ab 2 b
6ia>0,c=—,d=——>, a>——haya>0,c=——,d=—-5—, a>——=— —
vera ‘T 34 9a “ E ‘ 3a 27a? @ va 3a
Dit u,, = av, + b, thé vao gid thiét rdi tim hai s a,b sao cho v, 41 = 403 + 3v,
Cho uy Cho u;
1.11. Dang: a) va
e {un+18uﬁ8uﬁ+1,Vn€N* (a) {un+1(8uﬁ+4un)\/1+uﬁ,Vn€N*

V6i dang 1.11a) Ta xét céc trudng hgp sau:
* Truong hop 1:

Néu u; =1 thi ta dugc u,, =1, V € N*
Néu ug = ~1 thi ta dudc u, =1, Vn < 2

1 N
). bat z,, = — ta dua vé dang trén

(b)



* Truong hgp 2: Néu "1 < uy < 1 thi ta dit u; = cosa; a € (0;7).
Chiing minh quy nap ta dugc: u, = cos (4”‘1a)

* Truong hop 3 : Néu uy > 1 thi ta diit u; = cha.

Chiing minh quy nap ta dugc:

()" e
2

U, = ch (4"_1(1) =

* Truong hop 4: Néu vy < "1 thi ta dit “uy = cha.
Chiing minh quy nap ta dugc:

()" e

5 , Vn>2

U, = ch (4”_1a) =
V6i dang 1.11b) ta dit u; = sha. Ching minh quy nap ta dugc:

(e =)

U, = sh (4"_1a) =

2
Cho uy
1.12. Dang: ud + 3u,
' == — VYneN*
Untl = gz 0 "
Ta xét cac truong hgp sau:
* Néu uq = 1 hay u; = “1 thi u, = 1 hay u,, = 1
* Néu "1 < ug < 1 thi ta dit tha = u;.
Chiing minh quy nap ta dugc:
n—1
()" 1

u, = th (3”_1a) =

* Néu uy < 71 hay ug > 1 thi ta diit cotha = uy .
Chitng minh quy nap ta dugc:

u,, = coth (3"_1a) =
Bay gio, chiing ta hiy xét mot sb vi du sau.

2 2 P ur =3
Vi du 1: Tim s6 hang tong quat ciia day so (u,) dinh bdi: 3 9
un+1:3ui—§, Vn € N*
Giai:
1

Tl = =

2 2
bit u, = -z, ta dugc day sb (x,) dinh bdi: 2
3 Tp41 :2x%—1, Vn € N*

Ta c6: ©1 = cos g Gia st x,, = cos (2"‘1g). Khi d6 z,,1 = 2cos? (2”_1g> —1=cos (2”%)

2
Vay: x,, = cos (27171%) suy ra up = 5 cos (27%1%)
15
. . . U = —
Vi du 2: Tim s6 hang tong quét ctia day sd (u,) dinh bdi: L .
Upt1 = u2 —2.32", ¥Vn € N*
Giai:
5
x = -
YTy

Dit u, = 2.32" 'z, ta duge day sb (z,,) dinh béi:
Tpe1 =222 — 1, Vn € N*

bat cha = 3 & % =1 giai phuong trinh ta chon nghiém e® = 2

Ta c6: ¥ = cha. Gid st , = ch (2" 'a). Khi d6: 2,41 = 2ch? (2" 'a) — 1 = ch (2"w)

) 1 271—1
gn—1 _gn-1 22"~ + <>
(e} « . 3
Vay: z, = ch (2" 'a) = (<?) * ) = 2 suy ra u, = 62" + ()

2'n.—1

2 2 2
’LL1:3

Upt+1 = V2 + Uy, Vn € N*

Vi du 3: Tim s6 hang tong quat ciia day s6 (u,) dinh béi: {



Giéi:

3 5
Dit up = 2cha < 3 = e* 4+ e~ @. Giai phuong trinh ta chon nghiém e = %[
Gid stt u,, = 2ch . Khi do:
@ @ @ !
Un+1 = \/2+20h2n_1 = \/2 (1+Ch2n7_1) = \/4Ch22n = 2Ch 27
Vay:
1 1 1 1
a Sn=1 1\ 2n-1 3++6) 2! 3—v5\|2! X
5

UI:Z

Upt1 = 2up + /3u2 — 3, Vn € N*

Vi du 4: Tim s6 hang tong quat ctia day s6 (u,) dinh béi:

Giai:
chf =2
Dit . Giai he ta dugc e =2+ /3
Y shs— V3 : . V3
5
ha = -
ch« 4

4
Ta ¢6: u; = cha. Gia st u, = ch[a+ (n — 1) ]. Khi dé:

Dat 2 . Giai hé ta dugc e =2
5 3
sha = -] =1= 1

chB.chla+ (n—1) 8]+ sha.sha+ (n—1) 8] = ch (a+np)

Vay:
eaJr(nfl)B Lo~ (n—1)p

Un = 5 = <2+\/§)n_1+§(2—x/§)n_1

U1=3

1
Unt1 = SUny/ 16 +u2, Vn € N*

Vi du 5: Tim s6 hang tdng quét ctia diy s6 (u,,) dinh béi:

2
Giai: Bién déi gia thiét: “”4“ —9 (“i) 14 (in)

4 4
3
< Un, ~ . o r1 =~
bat z, = —- ta dugc day (x,) dinh bdi: 4
4 Tpy1 = 2Tp/1+ 22, Vn € N*
3 @ —e @ 3
Dit sha = | & % = - Giéi phuong trinh ta duge e* = 2

Ta c6: ©1 = sha. Gia st x,, = sh (2"‘104). Khi do:

Tny1 = 2sh (2" ') 1+ sh? (27 1a) = 2sh (2" 'a) ch (2" 'a) = sh (2"«)

Vay:

211.—1

_ on—1
_ n—1 _ (ea) - (6 a) . g1 l
xn—sh(2 a)— 5 Suyraun—2<2 (2

3
Vi du 6: Tim s6 hang tong quat ciia day so (u,) dinh bdi: ! V6
Upy1 = 24u — 12/6u? + 15u, — V6, ¥n € N*
Nhan zét: Dat u, = ax, + b, thay vao gia thiét va rit gon ta dudc:

Tni1 + b= 24’23 + 12 (6a2b - \/6(12) 22 43 <24ab2 — 8v/Bab + 5a) @+ 246% — 12v/66% + 156 — /6

. 6a2b — v6a2 =0 1
Dau tién ta chon b sao cho: ) = bh=_——
' { 24b% — 121/6b% + 150 — /6 = b V6
Khi d6: ax, 1 = 24a32? + 3az,, hay x,.1 = 24a’23 + 3z,
Giéi:
1 1 L, . . 'Tl = 2
bat u,, = —=z,, + — ta dugc day sb (x,) dinh béi:
V6 V6 50 (7n) { Tpe1 = 423 + 3,



o —

—° 9 Gia phuong trinh ta chon nghiem e® = 2 + /5

2
Ap dung cong thiic sh (3a) = 4sh3a + 3sha, 11 chitng minh quy nap ta dugc:

g1 (2+\/5)3M—( ! )3n1

Datshoz:2<:>e

. 371—1 _ _a —_—
Ty = sh (3”‘71@) - (6 ) (6 ) = 2 + \/5
2 2
1 : N
3’71/*
Vay: u, = —— 2445 —() 4+
Y 25 | ¢ ) 245 V6
Uy = 1
Vi du 7: Tim s6 hang tong quat ctia day s6 (u,) dinh béi: —u2 Giai:
Upyl = 55—, Vn € N*
u2 + 2uy, + 2
. az . 2 1
Bien doi gia thiet: u,41 +1 = (U"J”—1+)2
1+ (U'n-i-l + 1)
Ir] = 2
Dit z,, = uy, + 1 ta duge day s6 (x,) dinh béi: sy — 2z, Vne N
1+ 22
9 1
a - 2 coth Ther
bat cotha = 2 & e e = 2. Gidi phuong trinh ta dudc: e® = /3 Ta c6: zo = o O; = tho
e —e~ @ 1+ coth®« 1+ 1
ol th2a
«
=th(2
1+ th?a (20)
L o ath (2" a) :
Gia sit Ty = th (2 Oé) Khi do: Tn41 = HHLQ—M =th (2 a)
202" 1 on—1
-1 3 -1 -2
Vay: z, =th (2”’1a) = (6 )anl = on=T Suy ra Up = oo—r——, Vn =2
(e2) +1 3 +1 3 +1
5
. . 1= 4
Vi du 8: Tim s6 hang tong quat ciia day s6 (u,,) dinh bdi: T w4+ 3u, e
Un+1 = 1 + 3U% ) n
Giai:
_ e*+e @ 5 ... .
bit cotha = u; & ———— = —. Giéi phuong trinh ta dugc: e® = 3
ex —e— @ 4
Gié st u,, = coth (3"‘1a).
1 3
o coth? (3""1a) + 3coth (3 ta)  th3 (3 1q) i (3" 1a)
Khi doé: up+1 = 5 =
1+ 3coth” (37 1a) 14 3
th? (37— la)
9" 1
Are _ n—1 _
Vi du 9: Cho déy (z,) dinh béiz { , Tinh lim (x“>
Tn+1 :$n72, Vn € N* T1L2...Tp
Giéai:
. . Uy = 2
bat x,, = 2u, ta duge day s6 (u,) dinh bdéi: )
Upt+1 = 2u;, — 1, Vn € N*
bat cha =2 & % = 2, giai phuong trinh ta chon nghiém e® = 2 + /3

Chiing minh quy nap ta dugc: u, = ch (2"‘104) suy ra x, = 2ch (2”_105)

Ta co: on

n

Tng1 = 2¢h (2%a) = (e®)* + (e*“)Qn = (2 + \/5)2 + (2 - \/§>

n

T129..7, = 2"ch (@) .ch (2a0) ....ch (2" 'a) = jl—ash (@) .ch(a).ch (2a) ....ch (2" 'a)

sh(2ha) _ () (e _2+v3)” - (2-v3)"

sha ex —e~ @ 24/3



Tit d6 d& dang tinh duge lim (”3"“) — 923

T1X2...Tp
Uy = 3

Vi du 10: Tim sb hang téng quat ctia day s6 (u,) dinh baéi:
’ g tons q v 80 (un) i {un+1:(8u‘:’b—|—4un)\/1+u%,VnEN*

Giai:

bat sha =3 < ¢
Gia st u,, = sh (4”’1a).

Khi d6: unq1 = [8sh® (4" 'a) 4 4sh (4" )] /1 + sh? (4" 1) = sh (4"«)

Vay: -
el (1) - ffmy

ea

« — &

¢ _3 Gia phuong trinh ta dugc: e® =3 + /10

—1

(9]

Vi du 11: (Dé thi Olympic dé nghi clia truong Lé Hong Phong TPHCM nam 2009)
Uy =m

Tim s6 hang téng quét ctia day sb (u,) dinh bdi:
e tons d y 0 (un) di tni1 = ut — 1263 + 50u2 — 84u, + 50, ¥n € N*

Giad:
T =m—3

bat w, = x, + 3 ta dugc:

oo " ' {xn+1:xﬁ—4x%+2,Vn€N*
m—3

< V1= —5—

bat z,, = 2v, ta dudc: 2

Vpt1 = 8v — 802 +1, Vn € N
* Néu m = 5 ta dudc v, = 1 suy ra u, = 5, Vn € N*
* Néum =1 ta dudec ug =1, up, =5, ¥n > 2

* Néu

‘<1©1<m<5.Dét01:cosa

Ap dung cong thiic cos 4a = 8cos*a — 8cos?a + 1 ta dugc vy = cos (4cv)
Chiing minh quy nap ta dugc v, = cos (4"_104) suy ra u, = 2cos (4"_1oz) +3, Vn e N*

. m-—3 —3 et fe o —3
* Néu >1<:>m>5.Datcha:m2 e +26 :m2 e — (m—3)e*+1=0
m—3+vm?—6m+5

Giai phuong trinh ta 1y nghiém e® =

2
1 n— n—1
Chitng minh quy nap ta dugc: v, = 3 ((ea)4 ' + (e‘o‘)4 )
n— n—1
Suy ra: u, = (e®)* gt (=" +3,VneN
Z -3 3 — « —« 3 —
*New 2 ¢« lem<lDitcha=>"l e 3T M 20y 3o y1—0

2 2 2
3—m+vVm2—-—6m+5
2

Giai phuong trinh ta lay nghiem e® =
1 n— n—1
Ching minh quy nap ta duge: v, = 3 ((eo‘)4 g (e’o‘)4 ) , Vn > 2
n— n—1
Suy ra: u, = (e®)* gy (e‘o‘)4 +3,Vn>2

Vi du 12: (Trich dé thi chon doi tuyén TPHCM 2012)

Tim s6 hang tong quat ctia day s6 (r,,) xac dinh bdéi

4
T = =
5
zd Vn € *
Tl T O T2 g
1 1\* 1\?
Giai: Tu giad thiét ta duge z,, > 0, ¥n € N* va = () — 8<> +1
anrl T T
1 )
Dt u, = — ta dugce day s6 (uy,) dinh béi: 17y
Tn Upy1 = Sup —8u? +1, Vn € N*
5 « -
Diat cha = 3 & % = giai phuong trinh ta chon nghiém e® = 2



Chitng minh quy nap ta dugc:

471,—1
B 2 A 2
(Ap dung cong thic: ch(4x) = 8ch*z"8ch?x + 1)
2

Vay: z,, = T
1
2471—1 =

Vi du 13: Cho hai day s6 (z,,) va (yn) xdc dinh nhu saw: 1 = a > 0,y1 = b > 0, T4 = xn;—yn, Ynt+1 =
/Tnt1-Yn , Vn € N*. Tim lim z,, va limy,
Giai: Ta xét cac truong hgp sau:
* Truomg hop 1: Néu a = b thi z,, = v, = a, Vn € N* nén limz,, = limy,, = 1
* Truomg hop 2: Néu a < b thi dat cos o — % L ac (o, g) Khi d6 ta co:

a

b(1+3) ba
Ty = 5 b/ _ ( —|—2cosa) = bcosQ% VA Yo = \/T2y1 = ’/b2cos2% = bcos%
box§ (1 2008)
cos — cos —
x3:x2—2&—y2: 2 5 2 :bcos%cos% va ygz\/@:bcos%cos%

Chiing minh quy nap ta dugc:

@ @ @ TN @ «@ Q
T, =0b cos—.cos—....cosﬁ cos“— va y, = bcos = cos — cosQ—n,VnZQ

5 b9 o 5 52
P S' 2 .
Ap dung cong thiic: cosx = H,l x ta rat gon dugc y, = bLaa
2sinx on gin -~
271
e
S1n on b .
Vi lim (2" sin 23) =lim | o a2 = anén limy, = sma
n el o
27l
T .
a = limz lim ( cos a ) (limys,) (lim cos a ) bsina
Ty = Yp COS — "= n — ) = n ) =
Y 2n Y 2n Y 2n a

* Truomg hop 8: Néu a > b, chon s6 « sao cho cha = %

a
b1+ — b(1 h.
Tg = ( 5 b> = ( —;C @) :bch2% va y2=\/m2y1=\/@=bch§

bcha 1+Cha
_ZTatys 5( 5)_ a a b &en &
T3 = 5 = 5 = bch20h22 VA Y3 = /T3y = bch20h22

Chitng minh quy nap ta dugc:

« (0% (0% (6% N o (0% (0%
2o =D (Ch§.ch2—2....ch2n_1> ch® S va g = behSch s chot, Vi > 2
P h2 h
Ap dung cong thitc: chx = SUET o vt gon dudc y, = bsiaa
2shx on gh—
277,

Datx:%,khinamotmz%o

T _ o, 2z _
lim (2”.shg) = lim M = lim (a'e 1> =«
2m z—0

z—0 2z

bﬂh xT —x
nén limy, = ﬂ, lim (ch%) = lim % =1
o n

N « . . (e . . o
VA& Ty = Yp.cCOSh on = limz,, = lim (yn.chz—n> = (limy,) (hm chﬁ)



1
up = -
C) ! 3 5
un+1:6u%+8un+§ VYn € N*
d){

b)

c)

II. Bai tap ap dung Bai 1: Tim cong thic tinh s6 hang téng quat clia cac day sb sau:
Uy = 1

2
un+1:5ufl—g, Vn € N*

u1:1

2
un+1=5u%—g,Vn€N*

Uy = 20
unﬂ—u —2.5.2", VYn € N*
Uy = 5
Upy1 = 2.32 w2 — 32" " yp € N*
Uy = 0
3 8
Upt1 = %—2, Vn € N*

Bai 2: Tlm cong thitc tinh s6 hang téng quét clia céc diy sb sau:

Upi1 = 2um/1 +u?, Vn e N*

1 1
Upt1 = 2un—|——, Vn € N*

’U,1:1
Upt1 —2un\/u” 4un—|—5—4\/u%—4un+5+2, Vn € N*

{2
i
{uS
{1
J
It

u2 —4
= ——1 " \Yp e N*
Unt1 = u2 + 2uy, + 2 ne
U1—5
Upt1 = 3Up + 24/2u2 — 2 Vn € N*

U =—2
Unt1 = 23/ u2 + 1+ vVbu, , Vn € N*

Bai 3: Tim cong thiic tinh s6 hang tdng quét ciia cac day s sau:

2++2

Ulszl
Upt1 = 4ud + 12u2 + 9u,, Vn € N*

3
U1:§

3

un+1:4uf’l—6ui+6un—§,Vn€N*
’LL1:].

ud —3u
n :—" Vn € N*
Ut T 52 Gy +7

Ba1 4: Tim cong thiic tinh s6 hang téng quat ctia cac day sb sau:
Uy = 3
unﬂ = 8u — 64u + 184u — 224u, + 99 Vn € N*

Ul—l

4

up
n V¥n € N*
Ynt1 = u4+8u2—|—8 "
U1—5
u, U
(A (8 4+ 4up) /1 4+ u2
U1—2

1+3

Ups1 = +3“u Vn € N*



u1:1

Up+1 =

ud + 6u? + 15u, + 14

3u2 + 12u, + 13

Vn €

N*
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