CAC BAI TOAN BDT TU VMF 2013
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Bai Toan 1. Cho a,b, ¢ la cac s6 thuc duong thoa méan Sb >aq—c> Sb' Tim gia tri
16n nhat cta biéu thiic

12(a—b)+12(b—c)+25(c—a)

P=
c a b
Loi Giai.
N 2 N z A 2 ~ 1 2 . >
Bai Toan 2. Cho z,y, z la cac so thuc duong théa man — + — = —. Ching minh réang
xT Yy oz
G LI
72 x+y 4
Loi Giai.

Bai Toan 3. Cho a,b, ¢ la cac s6 thuc thuoe [1;3]. Chiing minh bat déng thic :

a b @
=4 4=
a+b b+c c+a

> !
-5




Loi Giai.

Bai Toan 4. Cho z,y, 2 1a cac s6 thuc duong théa man 22 + 8y? + 922 < 4ryz. Tim

GTNN ctia biéu thic :
Az + 2% + 28

P:
\/6(36y——11\/§§)—-11x

Loi Giai.

Bai Toan 5. Cho x,y, z la cdc sb thyc thuoc doan [4;2]. Ching minh bat déng thc :

8<£+y+3>25(g+§+5>+9
y z T T oz

Loi Giai.



Bai Toan 6. Cho z,y, 2 1a cac s6 thuc théa man 2z + 3y + z = 40. Tim gia tri nho
nhat ciia biéu thrc :

P =222+ 14342+ 16 + V22 +36

Loi Giai.

Bai Toan 7. Cho z,y,z > 0, tim min cua P thoa man:

1 1 1
P = (zy + yz + zx) x2+y2+y2+z2+22+x2

Loi Giai.
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Bai Toan 8. Tim GTNN cia | —— ) + (=)  veia#b#£e
b—c c—a a—>b

Loi Giai.



Bai Toan 9. Cho ba s6 z,y,2 € (0;1] théa man z +y > 1 + 2. Tim gi4 tri nhé nhat
clia biéu thiic
T y 2
+ +
y+z z+zx zy+ 22

Loi Giai.

Bai Toan 10. Cho céc s6 thyc z,y, 2z thuoc [1; 3] théa man z? + y* + 2% = 14. Tim gia

tri nhé nhat ctia biéu thiic
(-6
x z

Loi Giai.

Bai Toan 11. Cho z,y, z 1a cac s6 thuc € [1;4] va z = max(z,y, z) . Tim GTNN :

x Y z
= + + ;
2 +3y y+z z+=x

Loi Giai.



Bai Toan 12. Cho cac s6 thuyc a,b,c € [1;2] thod man 4a + 2b + ¢ = 11. Chiing minh

rang
33<1+2+3<11
10 "a b ¢ 2
Loi Giai.

Bai Toan 13. Cho céac s6 thiyc duong a, b, ¢ thdéa man: a? + b2 + ¢® + 2abe = 1. Chiing
minh rang:
a®+ b + 2 > 4(a®b? + b2 + c*a?)

Trich : Dé thi thit lan 1 nam 2013 Truong THPT Chuyén KHTN Ha Noi.

Loi Giai.

Bai Toan 14. Cho cac s6 thuc duong a, b, c. Tim gia tri nhé nhat ctia biéu thic :

a-+b n b+ c n c+a
a+b+c b+c+4a c+a-+16b

Loi Giai.



Bai Toan 15. Cho a, b, ¢ 1a cac s6 thic duong théa méan ab + be+ ca = 1. Chitng minh
bat ding thric :
a b 3c
<10
Pl Pl Vize o

Loi Giai.

Bai Toan 16. Cho a, b, c 1a cac s6 thyc khong am va doi mot khac nhau. Tim gia tri
nhé nhit ctia biéu thic :

(R S
(@=b)? (b=c)? (c—a)

P=[(a+b)?+(b+c)’+ (c+a)]

Loi Giai.

Bai Toan 17. Cho a,b, c 1a cac s6 thic duong théa man 2a + b = 1. Chiing minh bat
déng thic :

Loi Giai.



Bai Toan 18. Cho a,b,c la cac s6 thiyc duong théa man a < b < ¢ va abe = 1. Chiing

minh bat dang thiic :
S - NS
“a b A

Loi Giai.

Bai Toan 19. Cho a,b, ¢ 1a cac s6 thic thdéa man 3a +2b+ ¢ = 1. Tim gia tri 16n nhat

clia bidu thiec :
1 1 1

P = + +
I+]al 1410 14|

Loi Giai.

Bai Toan 20. Cho 0 < a < b < ¢ < 1. Tim gia trj 16n nhat cta biéu thic P =
(@®> =) (b—c)+A(1—c).

Loi Giai.



Bai Toan 21. Cho cac s6 thuc duong a, b, c doi mot khac nhau théa man 2a < ¢ va
ab + bc = 2¢%. Tim gia tri 16n nhat ctia biéu thiic

Loi Giai.

Bai Toan 22. Cho a,b, c 1a cac sd thyc duong théa man a® + b® + ¢3 = 3. Chitng minh
rang :
a’ N 263 N 3c3
—-20+3 A+a?—2a—3c+T7 a*+b*+a®—2b0%—6a+ 11

3
< =
-2

(Trich dé thi thit 6 4 THETT s6 427)

Loi Giai.

Bai Toan 23. Cho a,b,c la cac s6 thuc duong. Tim gia tri nhoé nhat ciia bicu thiic :

3(b+c) +4a-|—3c+12(b—c)

P=— 3b %4 + 3¢




Loi Giai.

Bai Toan 24. Cho tam giac ABC khong c6 goc tu va A, B,C > Z. Ching minh rang

tan Atan B + tan Btan C + tan C'tan A 4+ 3 < 4(2 — v/2)(tan A + tan B + tan C)

Loi Giai.

Bai Toan 25. Cho céac géc x,y, z théa man |sinz + siny + sin z| > 2. Ching minh
rang :

| cosx + cosy + cos 2| < V5

Loi Giai.



Bai Toan 26. Cho nam s6 duong a, b, ¢, d, e théa méan a 14 s6 nhé nhat va a + b+ ¢+
d+e=1. Tim Max P = abc + bed + cde + dea + eab  (Trich dé thi thi chuyén DHSP
Ha Noi)

Loi Giai.

Bai Toan 27. Cho a, b, c 14 3 s6 duong théa man: a+b—c > 0,b+c—a > 0,c+a—b >
0,(a+b+c)> =4(ab+ bc+ ca —1). Tim gid tri nhé nhit ciia biéu thic:

g_ /bta—l—l-\/al_b—l—i-\/a—i_C 22

+
b Va2 +b+c2—2

(Nguon : http://www.toanphothong.vn)

Loi Giai.

Bai Toan 28. Cho ba s6 thic khong am a, b, ¢ théa man ab + be + ca = 4. Tim Min

(R S
(@=0)? " (b-c? (c—a)

pP—=

Loi Giai.

10



Bai Toan 29. Cho cac s6 thuc duong z,y,z théa man dieu kien 2 (922 + 16y?) =
(32 + 4y) xyz . Tim gia tri nho nhét ctia bicu thic :
B x> 1> 22 OTYZ

“ @) @13 T 210  er2 w3 e+

Dé thi thit dai hoc s6 7 nam 2013 cia dién dan k2pi.net

Loi Giai.

. 1 2 3
Bai Toan 30. Cho ba so thuc z,y,z thbGaméan x > 1,y >2,z2>3va —+—-+—->2.
T Yy =z

Tim max
P=(z-1)(y—2)(s-3)

.

Loi Giai.
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