Nghich dao Mobius trén poset

Truong Phudc Nhan, Can Tho, 10/09/2017
Do ¢ (x,x)=1 véi moi x € P nén theo két qua 1) trong bai viét ¢ Dai sé lién thudc” phan tir ¢ kha nghich
ta ki hiéu phan tir kha nghich nay la u

Két qua 1: ( Cong thirc nghich dao Mobius trén poset )
Cho P |a mot poset va K 1a mot truong ; f, g la céc énh Xa tir P vao K.

Neu f(x)=>g(y) véimoi xeP thi g(x)=> f(y

y=x y=x

Chirng minh : Ta chuyén bai toan ndy sang mé hinh ma tran : Dau tién, déng nhat mdi phan tir thuoc 1 (P)
6 lién thudc” ) , tiép theo ta lién két mdi anh xa

f :P— K v&i mot vector cot M () co |P| cot duge danh sb boi cac phéan tir ciia poset P trong d6 phén tur
geot x la f(x).
Khi d6 diéu kién f( 29 ) véimoi x e P duoc viét lai theo ngdn ngir ma tran c6 dang

y<X
M(f)=M(g)M(¢).
Do x la phan tir kha nghich cua C néntacé M ({)M (u)=1trdotasuyra M(f)M(u)=M(g),
hay néi cach khac g(x)=>"f(y

y<x

Cho trugc hai poset (P, <, ); (Q < ) ta xac dinh quan h¢ thir ty <, , trén tich Descartes PxQ nhu sau :

(%X ) <po (¥,¥') khi x<, X' va y<, Yy’

Két qua 2:
Hono ((2:), (X 3")) = st ((%,%)) 1o (17, 3)) V6i X,X"€P va y,y'€Q trongdé X<, X' va y<, Y’

Chirng minh :
Dat )6 ((x,).(x,3")) =t ((x.5)) 1 (3, ")), biing tinh toan tryc tip ta thu dwoc :
> (@) @v)= X me((n)u (1)

(%.Y)<p.q(UV)<pq(X.Y) (%.Y)<p.q(uv)<p(X.Y)

STCT) P

X<Su<x’ y<v<y'

=0,,0,,

XX yy'
= Oy)x.y)

bang thuc trén chirarang ' 1a nghich dao cua (o, nén up,o = u
Tai liéu tham Khao :

Bai giang Algebraic Combinatorics cua Lionel Levine , 15/02/2011
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