LOI GIAI DE 04

Caul: /2
y=22"-32m+ 1)z’ +6m(m+ 1)z +1

1 m=1

y=223-922+ 12z +1

*TXD : D=R

* Sy bién thién:
a. Gidi han va tiém can:
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Thi sinh: vietfrog

lim y= lim (y=22°—-92°+12x+1) = %00

z—+o0 r—+oo

= D5 thi ham s6 khéng cé tiém can.
b. Chiéu bién thién
y = 6z% — 18z + 12
;o =1
y=0& [ r—9

Bang bién thién:

x —0 1

2 +o0

r&

+

+ 0 - 0
&) 6 40
_m/ \‘ 5 /

Ham s6 dong bién trén (—oo;1) va (2; +00)
Ham s6 nghich bién trén (1;2)

Ham sb dat cuc daitaiz =1 — yep =6
Ham sb dat cyc tiéutaiz =2 = yor =5

* D5 thi

N

)=2x-92 +12:x+1

5 2 3 11 5
Nhan xét: D6 thi ham so0 14 mot dudng cong lién tuc, nhan 1 (5, ?) lam tam doi xing.
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2)
Ta c6:
Yy =62 —6(2m+ 1)z +6m (m+ 1)
Y=022-2m+1)z+m(m+1)=0
A=02m+1)°—4m(m+1)=1>0Vm
= 3’ = 0 ludn c6 2 nghiém phan biét v6i moi gia tri m. Nhu vay ham s6 da cho luén cé
cuc dai, cuc tidu. ok
Ta c6:

y'=0®{

/

r=m

z=m+1

Mat khéac: y" (m) < 0= zgp =m

=yep = f(m) =2m®+3m? +1 5

Theo bai:

yop>1e2mP+3m?> +1>12mP+3m?> >0 mc <;3;O)U(O;+oo)
& mH(1m13) %0 ;

Vay m € (%3;0) U (0; +00) 1a nhitng gi4 tri can tim. OK
Caull A/2
1)
2 cos (3:1:-&—2) =cosx + 2sinzx
cos 3z —~/3sin 3z * (09(0-*5) = Sa tsh ~SmaSwmb
S 2 5 Q 5 =cosz + 2sinzx

& cos3z + V3sin3xz = cosz + 2sinx
(4cos x—3cosx)+\/_(351nx—4sm:r =cosz + 2sinz 1
& 4cos x+4fsmx—4cos:z:—<3f+2 sma:—O—-?WQ““"e‘“"% dd&u QM qu

& 4cosds + 4\/_s1n T —4cosz (sm T + cos x) — (3\/—-1— 2) sinz (sm T + cos CL‘) =0
& (\/5 — 2) sin®z — 4sin®z cosz — (3\/§ + 2) sin zcos’z = 0

Dé thay cosz = 0 khong la nghiém.
Chia ca hai vé phuong trinh cho cos’z .
bat tanz =t ta cé:

(\/?7—2)t3—4t2—(3\/§+2)t=0

‘i’[(\—/§—2)t5—4t—(3\/§+2>=0
*) Véit =0
s>z=kr (k€ Z)
*)Véi(\/5—2>t2—4t—(3\/§+2)t=0
o 2+v9-43
1,2_—\/——
2:!:\/924 2:!:\/9 43

T] 2 ] . ] A i 7 g
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Vay phuong trinh da cho ¢6 3 ho nghiém :

2+v9-4v3 2 —
T = km;z = arctan | ——————— | ; z = arctan
V3 -2

2)

z* — 1=z (—32% + 5z - 3)
PK:z >0

Dit: Vz=t>0

Ta c6:

t® —1=1(-3t" + 5t — 3)
St 432 53 4+3t-1=0

St +3t (- 1)+ 3t — 61> + 32+ 13 —

SO+ -1 +32t -1+ (-1
& B+t-1)°=0
St*+t—-1=0

o = _1;\/5 (thoaman)
t= %5 <0 (loai)
Véi t = —1—;—\/5 b gp e ff e 3 _2\/5 (thoaman)
Vay phuong trinh da cho c¢é nghiém: z = S —2\/5
Cau Ill: A/4A

In9

/Ve’”+1 /\/_\;d";_

d(e”) _9 d(@
| Ve
(x/?+1)
e

In9
= 4\/\/e_w+1
0

=8 —4v/2 oK
CaulV: 0.,35/41
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3t2+3t—1=0

3=0

oK

2
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Goi M la trung diém BC.
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SM1BC

Ta c6: (SBC)N (ABC) = BC ASBC,AABC deu ASBC,AABC = { BC

Tit d6 suy ra: SMA = 60°

ASBC,AABC déu = SM = SA = “2

Goi O 13 tam dudng tron ngoai tiép ctia tam gidc déu AABC.

Xét: ASOM c6 SMO = 60°
= S0 = SM.sin60° = =

/3

2
Ta lai ¢6: dtAABC = lAM.B() — % ‘2/§.a _ 4 ;/5
2 3
Sy vt Vouamo = §so AtAABC = % 3 aV3_dV3
D com ol &" 3 Mou M‘.‘E\M

Goi K la trung diém SA

Ta thiy : ASAC can tai C suy ra CK1SA

' e 50 tich & com 9)
Ta thay : @ SAM can tai M, c6 SMA = 60° suy ra ASAM ddu = SA = AM =

2

= CK=vV5C?2+ SK? = \/SCZ—F (%) = —\%—1—3a

1 1 V13a av3  a?V/39
Suy ra: dtASAC = 5 CK.SA = L0 008 - 2
Ta c6: 1
VS‘ABC = gthSACd (B, (SAC))

3Vs aBc 3-a31‘6/§ 3v13.a

. — — = o

= alB; (BAC)) = 2 oo 230 3 %%

Cau V:
Bai toan phy 1: 0.25/4
Cho a,b > 0;ab > 1. Chitng minh ring:
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1 N 1 o 2 (1)
1+a2 140 " 1+4ab
Chitng minh
Gia st BDT (1) dang. Ta cé:
1 + 1 > 2
1+a21 1+b2_1+ab ,

\%
S

1+a2 1+a +1+b2_1+ab—
(ab—a?) (1 +b2)+ (ab — b%) (1 + a?) .0

(1+ a2) (14+0%)(1+abd)

(a —b)? (ab—1) /
(1+a2) (1+82) (1 + abd) >0 (du'ng) Ok

Suy ra gia st ding.
~ Ap dung BDT (1) ta c6 :

1 1 2
+ >
14+a® 14 7 14++a383 / o
1 + L >+2a c b glqk%wﬂ“wma'wrﬂm&uw)
1+¢®  14abc ~ 14 +vabct cho na&h doc ble—
N 1 . 1 L 2 2
14ia3 lJib3 IJEC3 1+3abc 1+w/a3b3 1+\/W 1+abc
< 1+a3+ 1+b3+ 1+c3 ~ 1+ abc 2)
Bai toan phu 2:
Cho a, b, c > 0. Chitng minh ring:
3
(a® + b + ) z—~——(a+g+ ) (3)
Chitmg minh:
Ap dung BDT AM — GM ta c6:
a? P 3a
———+1+1>3¢
FIFTa P10 VPRI PT S
Tuong tu ta cling c6:
b3 3b c 3c
1 +1> e 1> e
P R VBipr e
Cong 3 BDT cﬁngchiéutadm)c: 3+b +C +6 = :,,7 ‘3(&1‘ b+c)
3 4 5"’+(; 3
@> 3(a+b+c) Q(a I, )>(a+b+c) \[q b4
Va3 +b+c3 - 9
Bét ding thitc dugc ching minh. ~
e sas ‘.(
**Ap dung vao bai ta cé: v—> BPT ”tl'w\% “Wna o efen
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Theo BDT (2); (3):

1+1+1>1<1+1+13>1 3
1+2)° 1+9)° Q+2° "9 \1+z 1+y 1+z) ~9\1+ Yzyz

BDT dudgc chitng minh.
DAu bing xdy ra khiz =y = 2z = 1.
Cau Vla. 4.‘15‘/ P

1. 0.35/4
Ta, cob:
Toa d6 giao diém 2 dudng tron 13 nghiém cla he:
22 +9>—10x =0 14z — 2y = 20 Tx—10=y
{ 2+’ +4z -2y =20 { 2 +y2—10z=0 { 2+ —10c=0

= 22 + (T — 10)* = 10z = 0
& 50z% — 150z + 100 = 0
&2 —-3z+2=0
[ z=1—>y=4 ok ‘
r=2=>y=-3 A(ri4), B 7.3
Thit lai thiy ding. (;4) (2,-3)
Vay giao diém cla 2 dudng tron da cho 13 (4 (2;4); B (1; -3
5 1
Goi M la trung diem AB = M (g, 5)
Goi I 1a tam dudng tron can tim.
Suy ra I thudc trung triec AB.
Goi d 1a trung tryc AB.

31 — p
d qua M (5, 5) va nhan BA(1;7) lam vecto phap tuyén.

3 1
&(d):c+7y—-5=0
Mat khac I e A:z+6y—6=0
Suy ra: I (12;-1) Ok

Taco: R=1A=VAM?2 + IM? = 2—25+2—§5=5\/5

Vay phuong trinh dudng tron cin tim la: (C) : (z — 12)° + (y + 1)* = 125 0 k
2. Al4
Goi (Q) 1 mat phing qua A; B va tao véi (P) goc 45°.
Vecto phap tuyén ciia (Q) 1a 14 (4; B; C)
Ta c6: AB (4;4;—4) ;75 (1; —2;2) ( 7f 1a vecto phép tuyén ciia (P) )
Theo bai:
A B e (Q) = ABLng = AB.ig =0 44+ 4B — 4C = 0
& A+B=C g
Mit khéc: géc ((P); (Q)) = 45° suy ra: goc (ng; np) = 45°
|A — 2B+ 2C]| o
= = cos45
A2+ B?24 (%3

<i>|A—ZB+2(A+B)|:?’zﬁ.\/A2+B2+(A+B)2
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& 34| = #\/Zfﬁ +2B? + 2AB

& 2A% = 2A% + 2B? + 2AB
& B*+AB=0
£ B=0.

B=—4°k
*) Véi B=0
Suyra A=C.
Chon A=C=1=ng(1;0;1)
=@ :(z+1)+(2—2)=0
Q) :z+z—-1=0 o¥
*)Véi B = —A
Suy ra C' = 0.
Chon A=1;B = -1 = ng(1;-1;0)
S (@: @+ —(y—1)=0
Q) :r—y+2=0 OF
Vay (Q):z—y+2=0va (Q): 2+ 2 —1=013 2 mit phing cin timpy
Cau VIla: 0.5 /4

(E1+£E2:3 (1)

Yi+tye=-1 (2)

T — e =4 (3)

T1Y2 + Toy1 = -3 (4)
T (1); (2) ta co:
{(z1—1)+(x2—1)=1 %)

-1+ (@-1)=-3
Xét (3):
T1Zo — Y12 = 4
®w1w2—3+1—y1y2—1—120
ST —T1—Tet+t1l-—yya+tyi+y2—-1=0
S@—1)(@-1)-(nm-1-1)=0(I) ok
Xét (4):
T1Y2 + Tays = —3
®z1y2+:rgy1+3 =0
& Ty + Toyr — (T1+ T2) (Y1 +92) =0
& 1Y + T2y2 =0
@xlyl—$1—y1+1+$2y2—$2'—y2+1:0
@ -1)(mn-1)+(@—-1)(rp—1)=0UII) Ok
- rn—1=az0—1=0b
Dat'{yl—l’—‘c;?b—l:d
Tu (I)(II)(III) ta cb he:

a+b=1

c+d=-3

ah—da T

ac = —bd
TH1: abcd # 0
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ac = —bd b2 =

TH2: abcd =0
D& thiy a va b ; ¢ va d khong thé ciing dong thsi bing 0
*Néu: a =0

_ ab =dc _
Ta c6: { ai=ds @{ b —c (:){ ab:fig & b=c=0(loai) O%K
c b

[ . . b= 0(loai)
c=0=bd=—ac=0& [dzO(loai)

_dZO:)@cr:—Nb:' Oc a(,o as D ﬁe‘,")\,\g Fﬁo: do d=0

Suy ra (0;1; —3;0) 1a 1 nghiém ctia hé (x)
Néub=0=> = _

c=0 =—3
=cd=a=0s d:0=>ac=—bd:0©|:gi8 (loai)
Suy ra (1;0;0; —3) la 1 nghiém ciia ha (%)
*Neuc-O-}{”\-w
ab=cd=0& sl di=
| b=0=a= X
Suy ra (1;0;0; —3) 13 1 nghiém cua hé (x)

*Néud=0=> <
a=0:>b:

>cd=ab=0&

b=0 )
d=0 (loai)

sy=e=ls b=0:>ac=0=>[zf (loai)

Suy ra (0;1; —3;_0) 1& 1 nghiém cta hé (*) ’ , 7 b
Tit d6 suy ra he (%) c6 nghiém (a; b;¢;d) 1a : (0;1;—-3;0) va (1;0;0; —3) . l4£‘j gua jU‘Mﬁ b 1
Suy ra hé ban dau c6 nghiém : (z1; z2; y1; 32) 12 (152; —2;1) va (2;1;1; —2) - = I S
Thit lai thiy dang. Lo don 40

12
Vay hé da cho c¢6 nghiém : (z1;z2; y1;92) 12 (1;2; —2;1) va (2;1;1; -2) O|¢ . L,;H M?na JW’C
A

HET
T”wg st
c;:u/i:l/?— .
Cau 224l 2 P Juw 057 sou G aTamj Hee ( ; mztc&/’“e‘&‘:”"
! B ﬁw‘& L _emc/ew-{—ofe\an\/h
G 3: Al . Ba HPT Fa com md = A doc , nin %Dy\%
A e wa &1 TS DH, = / ;
(85 025/ ﬂw«bwa\ pel momy v it 42 o i du Bl
~ ’ ?5/1 .{ ; e COVV‘ o _
Cou o /1, ’SM Bow BﬂT @M &M“ » ro & 23 % ’ (C7O/ C<O/ N ???)
C&\M’:}ﬂ\i 9 Al &A(’M S)\QJIA c Pe\w Me
/“’ 2;,/10 _ A L;
: Nodsi Hnme: R &gsvswmes

; : URE D'ELECTR&C\TE
UPER‘E -91192 GIF SUR ngTeTg
Tel m 6’3851712 Fax : 016 9851
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