CHUONG I: MQT 56 DANG TOAN THI HOC SINH GIOI
“GIAI TOAN TREN MAY TiNH PIEN TU CASIO”

Bit dau ti nim 2001, B6 Giao duc va Pao tao da té chiic cac cudc thi cap
khu vuc “Gidi toan trén may tinh dién ti Casio”. Poi tuyén Phé théng Trung hoc
Co sé mdi tinh gom 5 thi sinh. Nhiing thi sinh dat giai dugc céng diém trong ky
thi tdt nghiép va dugc bao luu két qua trong sudt cip hoc. Pé thi gém 10 bai
(m&i bai 5 diém, t6ng s6 diém la 50 diém) lam trong 150 phat.

Quy dinh: Thi sinh tham dy chi dugc ding mét trong bon loai may tinh (da
dugc Bd Giao duc va Pao tao cho phép si dung trong trudng phé théng) la
Casio fx-220, Casio fx-500A, Casio fx-500 MS, Casio fx-570 MS.

= Yéu cdu cac em trong doi tuyén cua truong THCS Pong Nai - Cat Tién
chi sit dung may Casio fx-500 MS, Casio fx-570 MS.

» Néu khéng qui dinh gi thém thi cac két qua trong cac vi du va bai tap
cta tai lieu phai viét du 10 chit s6 hién trén man hinh may tinh.

= Cac dang toan sau diay cé st dung tai lieu caa TS.Ta Duy Phugng - Vién
toan hoc va mét sé bai tap dugc trich tir cac dé thi (dé thi khu vuc, dé thi cac
tinh, cac huyén trong tinh Lam Pong) tit nam 1986 dén nay, tu tap chi Toan hoc
& tudi tré, Toan hoc tudi tho 2.

A. SO HOC - PAI SO - GIAI TiCH
I. Dang 1: KIEM TRA KY NANG TiNH TOAN THUC HANH

Yéu cau: Hoc sinh phdi ndm ki cac thao tac vé cac phép tinh céng, tru,
nhén, chia, liily thita, cdn thiic, cac phép toan vé lugng giac, thoi gian. Cé ki
ning van dung hop 1Y, chinh xac cac bién nhé ctia may tinh, han ché dén miic
t6i thiéu sai s6 khi sit dung bién nhé.

Bai 1: (Thi khu vuc, 2001) Tinh:
Q A= (6492+13.1802)° ~13.(2.649.180)°

(19867 —1992)(19867 + 3972 3)1987
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Bai 2: (Thi khu vuc, 2002) Tinh gia tri ciia x ti cac phuong trinh sau:

{(05 12 g)x 12518} (;4—3;) 3
25,2:(2,5—ZJ

15,2.3,15—3:(21.43+1,5.o,8j
N 472"
[(0.15°+0,35°):(3x+4, 2)](3 2 4]
4735) 1
— 223 (12+315)
12,5-23 {(05 0,3.7,75): }
b, 7’5 17
Bai 3: (Thi khu vuc, 2001, dé du bi)
3 b
Ca+—
a. Tim 12% caa 4 3 biét:
3:2—0,09:(0,15:21j
_ 5 2
0,32.6+0,03—(5,3—3,88) + 0,67
,_(21-1965):(120045)  1:025
0,00325:0,013 _ 1.6.0,625
85/ _83%).22
30 °18) “3
b. Tinh 2,5% cua 0,004

8/ 61743
55 110) 217

=
c. Tinh 7,5% cua > 20) 8

541 13+845| (234562571 1
7 7|0 8.0,0125+6,9 14

d. Tim x, néu:
Thuc hién cac phép tinh:

A=[11+22j:[13 6} [1 5+22+37j
.. 3 75/ 4 4 5

B=12:1§.[1§+3£:2ij
£. 704 11 121
101(241 156j 12(10 175)
c._ 37 "7) 1113
S 025|199 194 8
9 11 99
g.
1+1i
1 1,5 1 20,25
D=6:--0,8: +—+ ’
3 3040 44 40
27 1+2,2.10
h. 2
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0,8:(4.1.25j (1 08— 2} 4
5 257
E= 2

4
+ +(1,2.0,5):—
1 5 .1 5
0,64 — 6--3—[.2—
. 25 [ 9 4} 17
1 1
7 2 3.9

F=0,3(4)+1,(62): 1411 0.85) T

Bai 4: (Thi khu vuc 2003, dé¢ du bi) Tinh:

54 18
B = 3200+ 126%/2 + 63/2
b. i/ ’ 1432 \/1+\/_

Bai 5: (Thl khu vuc 2001)
sap xé sau day theo th&d tu ting dan:

f [26 245
= 5[— 16— = 10
125 247
b. Tinh gia tri ctia biéu thic sau:

3 4 8 9
c. Tinh gia tri ctia biéu thic sau: \/2+\/3+\/4+---+\/8+\/§
Nhan xét: = Dang bai kiém tra ki ning tinh toan thuc hanh la dang toan co ban

[0,(5).0,(2)]: [31:§j_(3_11}§

nhat, khi tham gia vao ddi tuyén bit budc cac thi sinh phai tu trang bi cho minh
kha niang giai dang toan nay. Trong cac ky thi da s6 la thi sinh lam t6t dang bai
nay, tuy nhién nén luu ¢ van dé thi€u sét sau: Viét dap s6 gan ding mét cach
tuy tién. Pé tranh van dé nay yéu cau truéc khi diing may tinh dé tinh cAn xem
ki c6 thé bién ddi dugc khong, khi sit dung bién nhé can chia cac cum phép tinh
phu hgp dé han ché s6 1an nhé.

Vi du: Tinh T = \/16 +999999999° + 0,999999999°

- Dung may tinh truc ti€p cho két qua la: 9,999999971 x 1026

6
o J( {/t" +999999999° -+ 0,999999999"
- Bién déi: T= :

Dﬁng méy tinh tinh {3/16 +999999999° +0,9999999996 =999 999 999

Vay T =+/999999999° = 999999999°
Nhu vay thay vi két qiia nhan dugc la mét s6 nguyén thi thé truc ti€p vao

may tinh ta nhan dugc két qua la s6 dang a.10n (sai s6 sau 10 chif sé cua a).

w Trong cac ky thi cap tinh dang bai nay thuong chiém 40% - 60% so6
diém, trong cac ky thi cdp khu vuc dang nay chiém khoang 20% - 40%.

= Trong dang bai nay thi sinh can luu ¢: sé thap phan vé han tuan hoan
(vi du: 0,(4); 0,1(24); 9,895862 ; thi sinh can biét cach bién ddi cac sé nay
sang s0 thap phan dang va lam viéc véi cac s6 dang d6.
II. Dang 2: PA THUC
Dang 2.1. Tinh gia tri cia da thiic
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Bai toan: Tinh gia tri cia da thiic P(x,y, ) khi x = x0, y = yO0;

Phuong phap 1: (Tinh truc ti€ép) Thé truc ti€p cac gia tri cta x, y vao da
thitic dé tinh.

Phuong phap 2: (So 46 Horner, d6i véi da thiic mét bién)
Vist P(x)=ax"+ax" " +...+a, duéi dang P(x)=(...(a)x+a,)x+a,)x+...)x+a,
Vay ") =((8%0 +2)X0 +8)% +--)X+8, Pt b0 = a0; b1 = bOx0 + al; b2 = b1x0
+ a2; ; bn = bn-1x0 + an. Suy ra: P(x0) = bn.
Tu day ta c6 cong thic truy hdi: bk = bk-1x0 + ak v6i k > 1.

Giai trén may: - Gan gia x0 vao bién nhém M.

- Thuic hién day lip: bk-1ALPHAIM] oy
3% —2x* +3x% —x

Vi du 1: (S6 GD TP HCM, 1996) Tinh 4x*-x*+3x+5 khi x = 1,8165
Céach 1: Tinh nho vao bién nhé
An phim: 1 D8165E

[([3Ans] 15[ Ans]A]4l+|3 Ans| x* [-[Ans] +[1)[+] (4| Ans[ ]3] Ans|x*[+|3Ans] <]
Két qua: 1.498465582
Céach 2: Tinh nho vao bién nhé
An phim: 1118165/[SHIFT[STO[X]
[(FALPHATXT N -|AALPHATX N4 ] ALPHATX [x? [-TALPHATXI )] = [ (4 ALPHATX 3= TALF
Két qua: 1.498465582
Nhéan xét: = Phuong phap diung so d6 Horner chi ap dung hié¢u qua d6i véi may
fx-220 va fx-500A, con d6i v6i may fx-500 MS va fx-570 MS chi nén dung
phuong phap tinh truc ti€p c6 st dung biéu thiic chita bién nhé, riéng fx-570 MS

c6 thé thé cac gia tri ciia bién x nhanh bing cach bam [CALCl may héi X? khi

d6 khai bao cac gia tri cua bién x 4n phim la =l xong. P& c6 thé kiém tra lai két
qua sau khi tinh nén gan gia tri x0 vao mét bién nhé nao d6 khac bién Ans dé
tién kiém tra va déi cac gia tri.

3 —2x"+3x% —x

A
Vi du: Tinh 4x*-x*+3x+5 khi x = 1,8165; x = - 0,235678; x =
865,321
Khi d6 ta chi can gan gia tri x1 = - 0,235678 vao bién nhé X: D

235678|SHIFT||STO||X|

Dung phim miii tén 1én m6t 1an (man hinh hién lai biéu thic cii) r6i an phim E
la xong.

x= Trong cac ky thi dang toan nay luén cé, chiém 1 dén 5 diém trong
bai thi. Kha ning tinh toan dan dén sai s6 thuong thi khéng nhiéu nhung néu
biéu thiic qua phiic tap nén tim cach chia nhé bai toan tranh vuot qua giéi han
b6 nhé ciia may tinh sé dan dén sai két qua (may tinh van tinh nhung két qua
thu dugc 1a két qua gan ding, c6 trudng hop sai han).
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i sin

Bai tap

Bai 1: (S6 GD Ha Néi, 1996) Tinh gia tri biéu thic:

a. Tinh X' +5¢=3x* +x~1 khi x = 1,35627

b. Tinh P(X) = 17X5 —5X4 + 8X3 -i-']?)X2 —-11x - 357 khi x = 2,18567

Dang 2.2. Tim du trong phép chia da thic P(x) cho nhi thiic ax + b

Khi chia da thic P(x) cho nhi thiic ax + b ta luén dugc P(x)=Q(x)(ax+b) + r, trong

b b
X=—— __

dé r 1a mét sé (khong chira bién x). Thé ata dugc P( @) =r.
b

Nhu vay dé tim sé du khi chia P(x) cho nhi thiic ax+b ta chi can di tinh r = P( 3),
lic nay dang toan 2.2 tré thanh dang toan 2.1.

Vi du: (S6 GD TPHCM, 1998) Tim s6 du trong phép chia:P=
X" —x® —x®+x* +x*+x-723

x—1,624

Sodur=1,62414 - 1,6249 - 1,6245 + 1,6244 + 1,6242 + 1,624 - 723
Qui trinh 4n may (fx-500MS va fx-570 MS)
An cac phim: T/624SHIFT[STO[X]

|ALPHA | X[ "14-[ ALPHA| X[ "|9 | ALPHA| X[ A5+ ALPHA | X[ "}4]+ [ ALPHA | X [ A|2+ [ ALPHA | X |-
Két qua: r = 85,92136979

Bai tap
Bai 1: (S6 GD DPong Nai, 1998) Tim s8 du trong phép chia
x° —6,723x* +1,857x? —6,458x + 4,319

X+2,318

Bai 2: (S6 GD Can Tho, 2003) Cho Py
khi chia P(x) cho x - 2 va x-3. Tim BCNN(r1,r2)?

_yh 4 42 _ .
=X+ 5T~ A7+ 3X 50. Tim phan du rl, r2

Dang 2.3. Xac dinh tham s6 m dé da thiic P(x) + m chia hét cho nhi thiic ax + b

Khi chia da thic P(x) + m cho nhi thiic ax + b ta luén dugc P(x)=Q(x)(ax+b) + m +
b

r. Muén P(x) chia hét cho x —athim + r = 0 hay m = -r = - P( @). Nhu vay bai
toan tré vé dang toan 2.1.
Vi du: Xac dinh tham sé
1.1. (S& GD Ha Noi, 1996, Sé GD Thanh Héa, 2000). Tim a dé
X" +7x° +2x* +13x+2 chia hét cho x+6.
- Giai -

, . a=—|(-6)"+7(-6)° +2(-6)" +13(-6
s a0 78 20 )
Qui trinh 4n may (fx-500MS va fx-570 MS)

An cac phim: I(__)IG SHIFT|[STO
(O] [ALPHA] [X] [7] 4 [+ [ALPHA] [X] ['] [+] o [ALPHA] [X] [x*] [+] ; g [ALPHA] [x] DI

Két qua: a = -222
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1.2. (86 GD Khanh Héa, 2001) Cho P(x) = 3x3 + 17x - 625. Tinh a dé P(x) + a2
chia hét cho x + 3?
-- Giai -

S5 dut a2 - [3(-3)" +17(-3)~625] s \/—[3(—3)3+17(—3)—625}

Qui trinh 4n may (fx-500MS va fx-570 MS)

VElsgIspll 7ol sshlE
Két qua: a = £27,51363298

Cha ¢: Pé ¢ ta thay ring P(x) = 3x3 + 17x - 625 = (3x2 - 9x + 44)(x+3) - 757.
Vay dé P(x) chia hét cho (x + 3) thi a2 = 757 => a = 27,51363298 va a = -
27,51363298

Dang 2.4. Tim da thiic thuong khi chia da thiic cho don thiic

Bai toan mé dau: Chia da thiic a0x3 + alx2 + a2x + a3 cho x - ¢ ta sé dugc
thuong la mét da thiic bac hai Q(x) = b0x2 + blx + b2 va sé du r. Vay aOx3 +
alx2 + a2x + a3 = (b0x2 + blx + b2)(x-c) + r = b0Ox3 + (b1l-b0c)x2 + (b2-blc)x +
(r + b2c). Ta lai c6 cong thiic truy hoi Horner: b0 = a0; bl= bOc + al; b2= blc +
a2; r = b2c + a3.

Tuong tu nhu cach suy luén trén, ta ciing c6 so dé6 Horner dé tim thuong va s
du khi chia da thiic P(x) (tif bac 4 tré 1én) cho (x-c) trong trudng hgp téng quat.
Vi du: Tim thuong va s6 du trong phép chia x7 - 2x5 - 3x4 + x - 1 cho x - 5.

-- Giai --
Tacé:c=-5;a0=1;al=0;a2=-2;a3=-3;ad=a5=0;a6 =1; a7 =-1; b0 =
a0 =1.

Qui trinh 4n may (fx-500MS va fx-570 MS)

()] 8SHIFT][STO|[M]1]x][ALPHA[M][+]o[=|(5)x[ ALPHA][M[-[ 2]=|(23)
X[ALPHA][M]+][(-)|3=l-18) < [ALPHA]M] +] 0[=](590) x| ALPHA M +] d[=[(2950)
X[ALPHAIM]+]1=]la4B0<[ALPHA] M+ ][ ()=l 73756)

Vay x7 - 2x5-3x4 + x -1 = (x + 5)(x6 - 5x5 + 23x4 - 118x3 + 590x2 - 2590x
+ 14751) - 73756.

Dang 2.5. Phan tich da thic theo bac cua don thiic

Ap dung n-1 1an dang toan 2.4 ta c6é thé phan tich da thiic P(x) bac n theo x-c:
P(x)=rO+r1(x-c)+r2(x-c)2+ +rn(x-c)n.

Vi du: Phéan tich x4 - 3x3 + x - 2 theo bac cta x - 3.

-- Giai --

Truéc tién thuc hién phép chia P(x)=ql(x)(x-c)+r0 theo so d6 Horner dé duoc
ql(x) va r0. Sau d6 lai ti€p tuc tim cac qk(x) va rk-1 ta dugc bang sau:

1/-3/0 |1 -2 |x4-3x2+x-2
310 /0|1 |1 |ql(x)=x3+1,r0=1
31| 3|9 |28 q2(x)=x3+3x+1, rl

= 28
31| 6 |27 q3(x)=x+6, rQ0 = 27
319 q4(x)=1=a0, r0 = 9
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Vayx4-3x3 +x-2 =1 + 28(x-3) + 27(x-3)2 + 9(x-3)3 + (x-3)4.
Dang 2.6. Tim céan trén khoang chita nghiém duong cua da thic

Néu trong phan tich P(x) = r0 + r1(x-c)+r2(x-c)2+ +rn(x-c)n ta cé ri = 0 véi
moii=0, 1, , n thi moi nghiém thuc cia P(x) déu khéng 16n hon c.
Vi du: Can trén cta cac nghiém duong cia da thic x4 - 3x3 + x-21a c = 3. (Pa
thiic c6 hai nghiém thuc gan dung la 2,962980452 va -0,9061277259)
Nhan xét: = Cac dang toan 2.4 dén 2.6 la dang toan méi (chua thay xuat hién
trong cac ky thi) nhung dua vao nhiing dang toan nay cé6 thé giai cac dang toan
khac nhu phén tich da thic ra thita s3, giai gan dung phuong trinh da thic, .

» Van dung linh hoat cac phuong phap giai két hop véi may tinh c6
thé giai dugc rat nhiéu dang toan da thiic bAc cao ma kha ning nhidm nghiém
khéng dugc hoic st dung cong thiic Cardano qua phiic tap. Do d6 yéu cau phai
nam viing phuong phap va van dung mét cach khéo 1éo hop li trong cac bai lam.
Bai tap téng hgp
Bai 1: (Thi khu vuc 2001, 16p 8) Cho da thic P(x) = 6x3 - 7x2 - 16x + m.

a. Tim m dé P(x) chia hét cho 2x + 3.
b. V6i m vira tim dugc & cau a hday tim sé du r khi cia P(x) cho 3x-2 va phéan tich
P(x) ra tich cac thita sé bac nhat.
c. Tim m va n dé Q(x) = 2x3 - 5x2 - 13x + n va P(x) cung chia hét cho x-2.
d. Vé6i n vira tim dugc phéan tich Q(x) ra tich cac thira s6 bac nhat.
Bai 2: (Thi khu vuc 2002, 16p 9)
a. Cho P(x) = x5 + ax4 + bx3 + cx2 + dx + f. Biét P(1) = 1; P(2) = 4; P(3) = 9;
P(4) = 16; P(5) = 15. Tinh P(6), P(7), P(8), P(9).
a. Cho P(x) = x4 + mx3 + nx2 + px + q. Biet Q(1) = 5; Q(2) = 7; Q(3) = 9; Q(4) =
11. Tinh Q(10), Q(11), Q(12), Q(13).
Bai 3: (Thi khu vuc 2002, 16p 9) Cho P(x) = x4 + 5x3 - 4x2 + 3x + m va Q(x) =
x4 + 4x3 - 3x2 + 2x + n.
a. Tim gia tri cia m, n dé cac da thiic P(x) va Q(x) chia hét cho x - 2.
b. V6i gia tri m, n vita tim dugc chiing t6 rang da thic R(x) = P(x) - Q(x) chi c6
mot nghiém duy nhat.
Bai 4: (Thi khu vuc, 2003, 16p 9)
a. Cho P(x) = x5 + 2x4 - 3x3 + 4x2 - 5x + m.

1. Tim s& du trong phép chia P(x) cho x - 2,5 khi m = 2003

2. Tim gia tri m dé P(x) chia hét cho x - 2,5

3. P(x) c6 nghiém x = 2. Tim m?
b. Cho P(x) = x5 + ax4 +bx3 + cx2 + dx + e. Biét P(1) = 3, P(2) = 9, P(3) = 19,
P(4) = 33, P(5) = 51. Tinh P(6), P(7), P(8), P(9), P(10), P(11).
Bai 5: (S6 SG Can Tho 2002) Cho f(x)= x3 + ax2 + bx + c. Biét
fQmiife) == ()

. Tinh gia tri ding va gan dling cia 3 ?

Bai 6: (Thi vao 16p 10 chuyén toan cap Il cia B GD, 1975)
1. Phan tich biéu thiic sau ra ba thita s3: a4 - 6a3 + 27a2 - 54a + 32.
2. Tu két qua cau trén suy ra riang biéu thiic n4 - 6n3 + 272 - 54n + 32 ludn la

s6 chan v6i moi sé nguyén n.
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Bai 7: (Thi hoc sinh giéi toan bang New York, My, 1984)
(n+1)?

C6 chinh xac ding 4 s6 nguyén duong n dé N+23 la mét sé nguyén. Hay tinh sé
16n nhat.
Bai 8: (Thi hoc sinh giéi toan bang New York, M{y, 1988)
Chia P(x) = x81 + ax57 + bx41 + cx19 + 2x + 1 cho x - 1 dugc sé du la 5. Chia
P(x) cho x - 2 dugc sé du la -4. Hay tim cdp (M,N) biét rang Q(x) = x81 + ax57 +
bx41 + cx19 + Mx + N chia hét cho (x-1)(x-2)
Bai 9: (Thi khdo sat vong tinh truéng THCS Pong Nai - Cat Tién, 2004)
Cho da thic P(x) = x10 + x8 - 7,589x4 + 3,58x3 + 65x + m.

a. Tim diéu kién m dé P(x) c6 nghiém la 0,3648

b. Vé6i m vira tim dugc, tim s& du khi chia P(x) cho nhi thic (x -23,55)

c. V6i m vira tim dugc hay dién vao bang sau (lam tron dén chit sd hang
don vi).

1
X -2,53 4,72149 5@ 3/6,15 J6+ U7

P(x)
Bai 10: (Phong GD huyén Bdo LAm - Lam Pong, 2004)
1.Tinh E=7%-12x"43x°-5x-717 g5 x= -7,1254

= 7x’y-x'y’ 3 y+10xy* -9

2.Cho x=2,1835 va y= -7,0216. Tinh 5%°-8x7y +y’
X5-6,723x"+1,658x>-9,134
x-3,281

3.Tim sd du r cua phép chia :
4.Cho P)=5x"+2x°-4x*+9x*-2x* +x*+10Xx-M  Tim m dé P(x) chia hét cho da thic x+2
Bai 11: (S6 GD Lam Pong, 2005)

a. Tim m dé P(x) chia hét cho (x -13) biét P(x) = 4x5 + 12x4 + 3x3 + 2x2 - 5x -

m+ 7
b. Cho P(x) = ax5 + bx4 + cx3 + dx2 + ex + f biet P(1) = P(-1) = 11; P(2) = P(-2) =
47; P(3) = 107.

Tinh P(12)?

Bai 12: (S6 GD Pha Tho, 2004)

Cho P(x) la da thiic véi hé sé nguyén cé gia tri P(21) = 17; P(37) = 33. Biét P(N)
= N + 51. Tinh N?

Bai 13: (Thi khu vuc 2004)

Cho da thiic P(x) = x3 + bx2 + cx + d. Biét P(1) = -15; P(2) = -15; P(3) = -9. Tinh:
a. Cac hé s6 b, c, d cia da thic P(x).

b. Tim s8 du r1 khi chia P(x) cho x - 4.

c. Tim s6 du r2 khi chia P(x) cho 2x +3.

Bai 13: (S6 GD Hai Phong, 2004)

Cho da thiic P(x) = x3 + ax2 + bx + c. Biét P(1) = -25; P(2) = -21; P(3) = -41.
Tinh:
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a. Cac hé s6 a, b, c cua da thiic P(x).

b. Tim s6 du r1 khi chia P(x) cho x + 4.

c. Tim s6 du r2 khi chia P(x) cho 5x +7.

d. Tim s6 du r3 khi chia P(x) cho (x+4)(5x +7).

Bai 15: (S6 GD Thai Nguyén, 2003)

a. Cho da thic P(x) = x4+ax3 + bx2 + cx + d. Biét P(1) = 0; P(2) = 4; P(3) = 18;
P(4) = 48. Tinh P(2002)?

b. Khi chia da thic 2x4 + 8x3 - 7x2 + 8x - 12 cho da thiic x - 2 ta dugc thuong
la da thiic Q(x) c6 bac 3. Hay tim hé sé cua x2 trong Q(x)?

III. Dang 3: GIAI PHUONG TRINH VA HE PHUONG TRINH

Ghi nhé: Truéc khi thuc hién giai nén viét phuong trinh (hé phuong trinh) duéi
dang chinh tic dé khi dua cac hé sd vao may khong bi nham lan.

Vi du: Dang chinh tic phuong trinh bac 2 c6 dang: ax2 + bx + c = 0
Dang chinh tic phuong trinh bac 3 c6 dang: ax3 +bx2 + cx +d =0

ax+by=c,

Dang chinh tic hé phuong trinh bac 2 c6 dang: {a2x+ b,y =¢,
ax+by+cz=d,
ax+b,y+c,z=d,

Dang chinh tic hé phuong trinh bac 3 c6 dang: &%+ b,y +¢,z=d,

Dang 3.1. Giai phuong trinh bac hai ax2 + bx + ¢ = 0 (a#0)

3.1.1: Giai theo chuong trinh cai san trén may
An [MoDE|[MODE]1[>] 2] nhap cac hé sé a, b, c vao may, sau mbi lan nhap hé sd
an phim E gia tri méi duogc ghi vao trong bé nhé ctia may tinh.
Vi du: (S GD TPHCM, 1996) Giai phuong trinh: 1,85432x2 - 3,21458x -
2,45971 =0
-- Giai --
Qui trinh 4n may (fx-500MS va fx-570 MS)
[MODE|[MODE][1][>][2]
1]85432]=][/3.[321458=][)]2]] 4597 1=] (x1 = 2308233881 ) [=] (x2 = -0574671173)
Chu ¢: Khi giai bang chuong trinh cai sian trén may néu & goc trai man hinh may
hién thi nghiém d6 la nghiém phiic, trong chuong trinh Trung hoc co sé&
nghiém nay chua dugc hoc do d6 khong trin bay nghiém nay trong bai giai. Néu
c6 mot nghiém thuc thi phuong trinh c6 nghiém kép, cd hai nghiém déu la

nghiém phic coi nhu phuong trinh @6 la vé nghiém.
3.1.2: Giai theo cong thiic nghiém
Tinh A=Db"-4ac

X
+ Néu A > 0 thi phuong trinh c6 hai nghiém: " 2a

X
+ Néu A = 0 thi phuong trinh cé nghiém kép: " 2a
+ Néu A < 0 thi phuong trinh vé6 nghiém.
Vi du: (Sé GD Pong Nai, 1998) Giai phuong trinh 2,354x2 - 1,542x - 3,141 = 0
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- Giai -

Qui trinh 4n may (fx-500MS va fx-570 MS)
[(Os42¢[Hlalx]2 354 ([(O)]3h41)] [SAIFT[STO]A] (27.197892)
[(542] T TALPHATA][]2x]2]J354=] (x1 = 1,528193632)

[(H542=]V_TALPHATAT)[I2lx/2]354=] (x2 = - 0,873138407)

Chu §: » Néu dé bai khong yéu cau nén ding chuong trinh cai san ctia may tinh

dé giai.

= Han ché khéng nén tinh VA truéc khi tinh cac nghiém x1, x2 vi néu vay
sé dan dén sai s6 xuat hién trong bién nhé VA sau 10 chit s6 lam cho sai s6 cac
nghiém sé 16n hon.

x» Dang toan nay thuong rat it xuat hién truc tiép trong cac ky thi gan day
ma cha yéu duéi dang cac bai toan lap phuong trinh, tim nghiém nguyén, chiing
minh nghiém da thiic, xac dinh khoan chita nghiém thuc ctia da thiic, . Can nam
viing coéng thitic nghiém va Pinh li Viét dé két hop véi may tinh giai cac bai toan
bién thé cua dang nay.

Dang 3.2. Giai phuong trinh bac ba ax3 + bx2 + cx + d = 0 (a#0)
3.2.1: Giai theo chuong trinh cai san trén may

An [MoDE|[MODE|[1][>][3] nhéap cac hé sd a, b, ¢, d vao may, sau méi lan nhap hé

s6 an phim [=] gia tri méi dugc ghi vao trong bé nhé cua may tinh.

Vi du: (S6 GD Can Tho, 2002) Tim tat ca cac nghiém gan dung véi 5 chii sd

thap phan cia phuong trinh x3 - 5x + 1 = 0.

-- Giai --

Qui trinh 4n may (fx-500MS va fx-570 MS)

An cac phim |MODE”MODE|B

1=l0[=](-)[5l=l=lxt = 2. 128419064)[=](x2 = -2, 33005874) =[(x3 = 0,20163965)

Chu ¢: Khi giai bang chuong trinh cai sian trén may néu & goc trai man hinh may

hién thi nghiém d6 la nghiém phiic, trong chuong trinh Trung hoc co sé&

nghiém nay chua ducgc hoc do dé6 khéng trin bay nghiém nay trong bai giai.
3.2.2: Giai theo cong thiic nghiém

Ta c6 thé st dung cong thiic nghiém Cardano dé giai phuong trinh trén, hodc st

dung so d6 Horner dé ha bac phuong trinh bac 3 thanh tich phuong trinh bac 2

va bac nhat, khi d6 ta giai phuong trinh tich theo cac cong thitc nghiém da biét.

Cha §: = Néu dé bai khéng véu cau, nén dung chuong trinh cai sidn ctia may
tinh dé€ giai.
Dang 3.3. Giai hé phuong trinh bac nhat 2 4n
3.3.1: Giai theo chuong trinh cai sdn trén may
An [MODE|[MODE[1][2] nhéap cac hé sd al, bl, cl, a2, b2, c2 vao may, sau mdi

lan nhéap hé s6 4n phim [=] gia tri méi dugc ghi vao trong bé nhé cua may tinh.
Vi du: (Thi vé dich toan Flanders, 1998)
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83249x + 16751y = 108249 X

16751x + 83249y = 41715 thi

Néu x, vy théa man hé phuong trinh { Y bang (chon mét

trong 5 dap sd)

A.l B.2 C.3 D.4 E.5
-- Giai -
Qui trinh 4n may (fx-500MS va fx-570 MS)
An cac phim

[MODE]|[MODE][1][2] 83249=[16751=]108249=]16751=[83249]=]41751=(1,25)=](0. %)
An tiép: [MODE|[1]1]25." o[ J25]-] (5)

Vay dap so E la dang.

Chu ¢: Néu hé phuong trinh vé nghiém hodc vé dinh thi may tinh sé bao 16i
Math ERROR.
3.3.2: Giai theo céng thiic nghiém
D...,_B,
Ta cé: X= D ’y:E véi D=a1b2_azb1;Dx =C1b2_02b1;Dy =3a,C, —a,G,
Dang 3.4. Giai hé phuong trinh nhit ba 4n
Giai theo chuong trinh cai san trén may

An |MODE”MODE| nhap cac hé sd al, bl, cl, a2, b2, c2, a3, b3, c3 vao may,

sau mdi lan nhap hé s6 4n phim = gia tri mé6i dugc ghi vao trong bé nhé cia

may tinh.
3x+y+2z=30
2x+3y+z=30

Vi dy: Giai hé phuong trinh (X +2Y*+32=30
Qui trinh 4n may (fx-500MS va fx-570 MS)

[MODE[MODE| ]33 =l1=]2=[30/=]2/=|3 =1 =[30[=}1{=l2=[3d=[30[=|(x =5)[=](y = 5)[=]z =5)

Chu ¥: Cong cac phuong trinh trén vé theové tadugccx +y+z=15suyrax=y

=z =05.
Nhéan xét: » Dang toan 3 la dang bai dé chi doi héi biét sit dung thanh thao
may tinh va cac chuong trinh cai sdn trén may tinh. Do d6 trong cac ky thi dang
toan nay rat it ching thudng xuat hién dué6i dang cac bai toan thuc té (ting
truéng dan sd, 1ai suat tiét kiém, ) ma qua trinh gidi doi héi phai lap phuong
trinh hay hé phuong trinh véi cac hé s6 la nhiing s6 1é.
Bai tap téng hgp
Bai 1: Giai cac phuong trinh:
1.1. (Sé GD Ha Néi, 1996, Thanh Héa, 2000): 1,23785x2 + 4,35816x - 6,98753
=0
1.2. (Sé GD TPHCM 1998): 1,9815x2 + 6,8321x + 1,0581 =0
1.3.x3 +x2-2x-1=0
1.4.4x3-3x+6=0
Bai 2: Giai cac hé phuong trinh sau:

1,372x — 4,915y = 3,123

2.1. (S& GD Péng Nai, 1998) {8’ 368x+5,214y = 7,318
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13,241x - 17,436y = —25,168
23,897x+19,372y =103,618
1,341x — 4,216y = -3,147
8,616x +4,224y = 7,121

2.2. (S6 GD Ha Noi, 1996) {

2.3. (Sé GD Can Tho, 2002) {
2x+5y -13z=1000
3x-9y+3z=0

24. 5x —6y —8z =600

IV. Dang 4: LIEN PHAN SO

Lién phan s6 (phan s6 lién tuc) la mot cong cu toan hoc hitu hiéu dugc cac
nha toan hoc st dung dé giai nhiéu bai toan khé.

Bai toan: Cho a, b (a>b)la hai sé tu nhién. Dung thuét toan Oclit chia a cho

a_q +& =a +i
a b — %0 b — %0 3
b, phan sé b co6 thé viét dué6i dang: by

Vi b0 la phan du cta a khi chia cho b nén b > b0. Lai tiép tuc biéu dién phan sd
b b 1

—~ —g 4+t =g+—
b, b, b
b,
Ci tiép tuc qua trinh nay sé két thac sau n buéc va ta duogc:
a b, 1
—=a0+F=a0+—1
b a4
a L+
n-2 a

h . Cach biéu dién nay goi la cach biéu dién sé hitu ti
duéi dang lién phan s&. Mdi s6 hitu ti c6 mét biéu dién duy nhat du6i dang lién

phan s, né dugc viét gon [ao,a“...,an]. S6 vé ti c6 thé biéu dién duéi dang lién

phéan sé vo han biang cach xap xi n6 duéi dang gan diung béi cac sd thap phan
hitu han va biéu dién cac sé thap phan hitu han nay qua lién phan sé.

1

a, + 3

a,  +— a

Bt ) 4
n vé dang b.

Van dé dit ra: hay biéu dién lién phan so
Dang toan nay dudc goi la tinh gia tri ctia lién phan s6. Véi su trg giap ctia may
tinh ta c6 thé tinh mo6t cach nhanh chéng dang biéu dién cta lién phan s6 dé.
Qui trinh 4n may (fx-500MS va fx-570 MS)

An 14 a,,[+]1[a""]a, [Hla, , [+]12"“I[Ans][=]..a, [+]1[a"][Ans]-]
An lan lugt

15 1
17 1
1+ 3 1
Vi du 1: (V6 dich toan New York, 1985) Biét b trong d6 a va b l1a cac
s6 duong. Tinh a,b?
-- Giai --
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17 17 2 1 1
SLAN P L
5 15 15 1
Ta cé: 2 2 Vaya=7,b=2.
A=1+ 11
2+
3+

Vi du 2: Tinh gia tri cia
-- Giai -
Qui trinh 4n may (fx-500MS va fx-570 MS)

312921WIRIE11WIIAns|EISHIFTIWI(%

Nhéan xét: » Dang toan tinh gia tri ctia lién phan sd thudng xuat hién rat nhiéu

An cac phim:

trong cac ky thi né thuoéc dang toan kiém tra ki ning tinh toan va thuc hanh.
Trong cac ky thi gdn day, lién phan sd c6 bi bién thé di d6i chut vi du nhu:
8,2
A =235+ 6.1
2+

3,12+0’32

2 y6i dang nay thi né lai thuéc dang tinh toan gia tri biéu
thiic. Do d6 cach tinh trén may tinh ciing nhu d6i véi lién phan sé (tinh tu duéi
1én, c6 st dung bién nhé Ans).

Bai tap téng hop
Bai 1: (Thi khu vuc 16p 9, 2002) Tinh va viét két qua duéi dang phéan so:

A=3+ S B= 7+;
4 1
2+ T 3+
5 1
24— 3+
4 1
2+ 5 3+-
24— :
3
Bai 2: (Thi khu vuc 16p 9, 2003)
A 20 B 2
1 1
2+ 1 5+ 1
3+ 6+
o ) 4+— 7+—
a. Tinh va viét két qua duéi dang phén sé:
329 1
1051 34 1
5+ 1
1
] ] a+—
b. Tim cac s6 tu nhién a va b biét: b

Bai 3: (Thi khu vuc 2004, 16p 9) Tim gia tri cua x, y ti cac phuong trinh sau:

44 X 3 X
1+ 11 44 11 y1 + y1
2+ 3+ 1+ 2+
3+1 2+1 3+1 4+1
4 2 5 6
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Bai 4: (Thi khu vuc, 2001, 16p 6 - 7) Lap qui trinh bAm phim dé tinh gia tri cta

lién phéan sd sau M =[3,7,15,1,292] va tinh 7~M?
Bai 5: (Thi khu vic, 2001, 16p 6 - 7, dy bi)

a. Lap qui trinh bAm phim dé tinh gia tri cia lién phéan s3 sau M=[11212121]

va tinh V3-M ?

A= 1 + 1
1 1
5+ 1 2+ 1
4+ ] 3+
o ] 3+— 4+ -
b. Tinh va viét két qua duéi dang phan sé6: 2
A= 3O+L
10 5
Bai 6: (S6 GD Hai Phong, 2003 - 2004) Cho 2003

Hay viét lai A dué6i dang A =[a0,a1,...,an]?

Bai 7: Cac s6 ‘/5"/5, T ¢c6 biéu dién gan ding du6i dang lién phan s nhu sau:

V2=[122222] V3=[11212, Jim=[317150202010.243] o o par b o

trén va s6 sanh véi s6 vo ti ma né biéu dién?

Bai 8: (Phong GD Bao Lam - Lam Péng)
D=5+

6+

Tinh va viét két qua duéi dang phan s6 10

V. Dang 5: MOT SO UNG DUNG CUA HE PEM

5.1. Tinh chat chia hét

- Mot s8 chia hét cho 3 (cho 9) néu téng cac chitf s6 cia né chia hét cho 3 (cho
9).

- Mot s6 chia hét cho 2 (cho 5) néu chit s6 tin cung ctia né chia hét cho 2 (cho
5).

Chu ¢: Tinh chat chia hét chi ding trong hé co sé cu thé.

Vi du: Xét hé dém véi co sd 12, ta co:

1. M6t sd viét trong hé dém co s8 12 chi hét cho 2 (3, 4, 6) néu chil sd cudi
cung cua né chia hét cho 2 (3, 4, 6).

2.S6 2° (88123 )., chia hét cho 8 (cho 9) néu (a@),, chia hét cho 8 (cho 9).
3. 86 2= (221-%3%);; chia hét cho 11 néu 3T+ T2 %3 chia hét cho 11.

Mé rong: SO a:(a"a”‘1"'aza1a(’)12chia hét cho q - 1 néu &ttt +8 chia hét
cho q.

5.2. Hé co sb 2

Bai toan mé dau: Chi can 10 cau héi la c6 thé doan dugc mét sé cho truéc (nhé
hon 1000) nhu sau:

— 14 -



- S6 d6 c6 chia hét cho 2 khéng?(Néu c6 ghi 0, khong ghi 1)

- Thuong ctia s6 d6 chia hét cho 2? (Néu c6 ghi 0, khéng ghi 1)

Néu ci tiép tuc nhu vay ta dugc mot diay cac s6 1 hodc 0. Day nay chinh 1a biéu
dién cta sd can tim trong co sd 2. Vi s6 nhé hon 1000 c6 nhiéu nhat la 10 chit
s3 trong biéu dién co sé 2 nén 10 cau héi la du dé biét sé da cho. P3i qua co s6
10 ta dugc sb can tim.

Vi du: S8 cho truéc la 999.

Vig99 =499.2 + 1; 499 =249.2 + 1; 249=124.2 + 1; 124 = 62.2 +1; ;3 =1.2
+ 1 nén ta sé c6 day s6: 11111001112 = 99910.

5.3. Ung dung hé co s6 trong giai toan

Trong rat nhiéu bai toan khé cé thé si dung hé dém dé gidi. N6i cach khac, thi
hé dém cé6 thé dugc st dung nhu mét phuong phap gidi toan.

Vi du: Gia su f:N -> N théa man: f(1)= 1; f(2n) = f(n) va f(2n+1) = £f(2n) + 1 vé6i
moi n nguyén duong. Tim gia tri 16n nhat cia n khi 1 < n <1994.

-- Giai --

Ta cé: £(102) = £(2) = (1) = 1; £(112) = £(3) = £(2.1 + 1) = £(2)+1 = 2; £(1002) =1;
£(1012) =2; £(1102) =2; £(1112) =3; £(10002) =1; £(10012) =2; .

Bai toan dan dén phai tim s6 c6 chii s 1 16n nhat trong biéu dién co sd 2 cta
cac s8 nhé hon 1994. Vi 1994 < 211 - 1 nén f(n) c6 nhiéu nhét la 10 chit s8. Ta
c6 £(1023) = f(11111112) = 10. Vay gia tri 16n nhat 1a 10.

Luu ¥: Ta phdi chiitng minh quy luat: f(n) bing s6 chit sé 1 trong biéu dién co s6
2 cua n.

Chiing minh:

1) n chdn thin = 2m = 102.m. Vi m va n = 102.m cé6 cung sé chii s6 1 trong biéu
dién co sd 2 (trong hé co sd 2, khi nhan mét sé v6i 2 = 102, ta chi thém sé 0
vao cudi sé d6). Theo quy nap (vi m < n), f(m) bang diang chit s 1 cia m, ma f(n)
= f(2m) = f(m) nén f(n) ciing bang ding chii sé 1 ctia m, tiic la n.

2)nlé thin=2m + 1 = 102.m + 1 khi 4y n c6 s8 chit s6 1 nhiéu hon m la 1. Ta
c6: f(n) = f(2m + 1) = f(m) + 1. Ap dung quy nap ta cé, f(m) bing ding sé chi s6
1 ciia m nén f(n) ciing bang ding s6 chit s& 1 ciia m cdng 1, tic la bang ding sé
chit s6 1 cua n.

Nhan xét: »= Dang toan nay la dang toan khé, thudng rat it xuédt hién trong cac
ky thi “Giai toan bang may tinh bé tGi Casio”, nhung st dung phuong phap hé
co sO giup chiang ta phan tich dugc mot sé bai toan tir dé6 sit dung cac phuong
phap chitng minh toan hoc va cac nguyén Iy dé gidi. N6i cach khac, day la mét
phuong phap giai toan.

Bai tap téng hgp

Bai 1: Tim co sd q (2 < q < 12) biét sd a = (3630)q chia hét cho 7. Biéu dién sd a
véi q tim dugc trong co s6 10. (HD: ap dung tinh chat chia hét)

Bai 2: Hai ngudi choi lan lugt 14y ra sd vién séi bat ki tir mot trong ba ddng séi.
Nguoi nhit vién séi cudi cung sé thing. Ngudi di truéc thuong thing. Vi sao?
(HD: st dung hé co s6 2)

Bai 3: (V6 dich Trung Quéc, 1995) Cho f: N -> N théa man f(1) = 1 va f(2n) <
6f(n), 3f(n).f(2n+1) = f(2n).(1+3f(n)) v6i moi n nguyén duong. Tim mei nghiém
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ctia phuong trinh f(k) + f(n) = 293. (HD: Vi 3f(n)+1 va 3f(n) la nguyén té cung
nhau nén {(2n) = 3pf(n), suy ra p nguyén duong. f(2n) = 3f(n) va f(2n + 1) =
3f(n)+1 dan dén: Vi sb n viét trong hé co sé 2 thi f(n) c6 ding cac chii sd ctia n

f(n)=1+f(n7_1j

viét trong hé co s6 3).

Bai 4: Xac dinh tat cd cac ham sé f: N -> R théa man f(1) = 1;
n

f(n)=1+f| =

m=1+1(7]

s6 chit s6 cta n viét trong co s6 2)

Bai 5: Gia su f: N -> N théa man f(1) = 1; f(3) = 3 va v6i moi n nguyén duong thi
£(2n) = f(n); f(4n+1)=2f(2n+1) - f(n); f(4n+3) = 3f(2n+1) - 2f(n). Tim 6 n < 1988
ma f(n) = n.

VI. Dang 6: DAY TRUY HOI

Dang 6.1. Day Fibonacci

6.1.1. Bai toan mé& dau: Gia s thé dé theo quy luat sau: Mot d6i thé cli mébi
thang dé dugc mot doi thé con, mdi déi thé con cii sau 2 thang lai sinh ra mét

néu n chén, néu n lé. (HD: Dung qui nap chitng minh: f(n) chinh la

d6i thé nita, roi sau mbi thang lai sinh ra mét d6i thé con khac v.v va gia si tat
ca cac con thé déu séng.

Héi néu c6 moét d6i thé con nubi tir thang giéng dén thang 2 thi dé d6i tho
dau tién thi dén cudi nam c6 bao nhiéu d6i thé?
-- Giai --
- Thang 1 (giéng) c6 mot do6i thé so 1.
- Thang 2 d6i tho s6 1 dé d6i tho s6 2. Vay c6 2 d6i thé trong thang 2.
- Thang 3 d6i thé sd 1 dé d6i thé s6 3, d6i thé sd 2 chua dé dugc. Vay c6 2 doi
thé trong thang 3.
- Thang 4 d6i thé s8 1 dé d6i thé s6 4.1, do6i thé s6 2 dé d6i thé s6 4.2, d6i théd
s6 3 chua dé. Vay trong thang 4 c6 5 d6i thé.
Tuong tu ta c6 thang 5 c6 8 d6i thd, thang 6 c6 13 d6i tho,
Nhu vay ta c6 day sé sau: (ban dau)l; 1; 2; 3; 5; 8; 13; 21; 34; 55; 89; 144; 233
(thang 12)
Pay la mot day s6 c6 quy luat: Mbi s6 hang ké tit s6 hang thit ba bing tong hai
s6 hang truéc dé.
Néu goi s6 thé ban dau la ul; s thé thang thi n 1a un thi ta c6 cong thic:

ul =1; u2 = 1; un+1 = un + un-1 (v6in = 2)

Day {Un) c6 quy luat nhu trén la day Fibonacci. un goi la s6 (hang) Fibonacci.
6.1.2. Cong thiic t6ng quat cua sé Fibonacci: Nho truy hédi ta chitng minh dugc
s6 hang thit n ctia day Fibonacci dugc tinh theo cong thiic sau:

1| (1+4BY (1-4BY
5

u =
NG

Chiing minh
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tuyean

h trong RPnoai

i sin

taap dusng cho th

oan

Véin =1 thi

(5 J :

Véin = 3 thi
Gia st cong thiic diang t6i n < k. Khi ay vo’1 n=k + 1 ta cé:

) 1 |(144B) (1=VBY | 1 |(1+4B) " (1=4B)"
U = U Uy —E 2 5 +E 2 13

(1245 k[sNEJ_[LJEJK[s—JEJ

5l 2 1++/5 2 1-5
1 1+\/§ k+1 1_\/5 k+1

B2 2

Theo nguyén ¥ quy nap cong thic (*) da dugc chiitng minh.

6.1.3. Cac tinh chat caa day Fibonacci:

1. Tinh chat 1: um = uk.um+1-k + uk-1.um-k hay un+m = un-lum + unum+1

Vi du: Pé tinh s6 thé sau 24 thang ta chon n = m = 12 thay vao cong thic ta cé:
u24 = ul2 + ul2 = ull.ul2 + ul2.ul3 = 144(89 + 233)

2. Tinh chat 2: u2n+1 = u(n+1)+n= unun + unun+1 = Upoa + U

Vi du: Pé tinh s6 thé sau 25 thang ta lam nhu sau:
2 2
u25 = Y%= 2332 + 1442 = 7502.
w-u,,.u,=(-1)"

3. Tinh chat 3: ™
4. Tinh cha’t 4: U1 + Us + U5 +...+ Uzn_1 = U2n
5. Tinh chat 5: VNtacotu, U, , = Uy, ;| =3
6. Tinh chit 6: vnsodu, ,u,u, U, +9laesodhinh phodng
7. Tinh chat 7: 7N SO#U U, Uy U, + UgUy,, |agsodchinh phdong

lim=tet g, » =0,

s n—>o0 n—>ow0 . Y

8. Tinh chat 8: Uy u trong d6 ??®21a nghiém ctia phuong

_1- f

~1,61803... ~-0,61803...

145

\ ’ \ (p1 =
trinh x2 -x -1 = 0, tdc la 2
Nhéan xét: < Tinh chat 1 va 2 cho phép chung ta tinh s6 hang cua day
Fibonacci ma khéng can biét hét cac s6 hang lién tiép ciia day. Nho hai tinh
chat nay ma c6 thé tinh cac sé hang qua 16n cia day Fibonacci bing tay (diung
giay bat dé tinh) ma may tinh dién t@ khéng thé tinh dugc (két qua khong hién
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thi dugc trén man hinh). Cac tinh chat tit 3 dén 7 c6 tac dung giap chiing ta
trong viéc chitng minh cac bai toan cé lién quan dén day Fibonacci thuéng gap
trong cac bai thi, tinh chat 8 gitup tim cac s6 hang khong chi cia day Fibonacci
ma céc sd hang cita cac day bién thé cuia Fibonacci c6 tinh hoi tu (bi chin) trong
mot khoang nao d6. Dang toan nay thuong gap trong cac ky thi tinh va ky khu
vuc.

6.1.4. Tinh cac s6 hang cua day Fibonacci trén may tinh dién t&

6.1.4.1. Tinh theo cong thic tdng quat

11(1445) (1-4BY
u =—— | —
. " J5| 2 2
Ta cé coéng thuc tong quat cua day: . Trong céng thiic

téng quat s6 hang un phu thuéc n, vi n thay d6i nén ta ding bién nhé Ans dé
thay gia tri n trong phép tinh.
Qui trinh 4n may (fx-500MS va fx-570 MS)

An cac phim: 1E[

1la“l[V ][ [q[(1EIsDIET 2D Ans - [[EIV I8Pl DDA Ans

Muén tinh n = 10 ta an 109, roi dung phim [a] mot 1an dé chon lai biéu thiic

vifa nhap an =
6.1.4.2. Tinh theo day
Ta c6 day Fibonacci: ul = 1; u2 = 1; un+1 = un + un-1 (véin = 2)
Qui trinh 4n may (fx-500MS va fx-570 MS)
An cac phim: TSHIFT ----> gan u2 = 1 vao bién nhé A

[+[1[sHIFT][sTO|[B] --->ldy u2+ ul = u3 gan

vao B
Lap lai cac phim: |ALPHA||SHIFT”STO| ---->ldy u3+ u2 = u4
gan vao A

[+|[ALPHA[[B][SHIFT][STO|[B] > 14y ud+ u3 = ub gan
vao B

Bay gié mudn tinh un ta @ mot lan véE , ct lién tuc nhu vay n - 5 lan.
Vi du: Tinh sé hang thi 8 ctia day Fibonacci?

Qui trinh 4n may (fx-500MS va fx-570 MS)

An cac phim: TSHIFT|[STOI[A] [+1[SHIFT][STOI[B] [+]|[ALPHA][A][SHIFT][STO[A]

[-l[ALPHA][B][sHiFT][sTO][B] [al ] [a] [H][a] [H (1,

Cha §: = C6 nhiéu qui trinh an phim dé tinh s6 hang un cua day nhung qui trinh
trén day la qui trinh t8i uu nhat vi s6 phim an it nhat. P6i v6i may fx-500 MS thi
an [a] E, d3i v6i may fx-570 MS c6 thé an [al[] hodc an thém'A"SHIF-I-"COF’YHZ|
dé tinh cac sé hang ti thu 6 tré di.

Dang 6.2. Day Lucas

18 -



Téng quat: Cho ul = a, u2 = b, un+1 = un + un-1 (v6in = 2. a, b la hai
s0 tuy ¥ nao d6)
Nhan xét: Day Lucas la day téng quat cia day Fibonacci, v6i a = b = 1 thi day
Lucas tré thanh day Fibonacci.
Qui trinh 4n may (fx-500MS va fx-570 MS)

An cac phim: bISHIFT ----> gan u2 = b vao bién
nhé A

[+h[SHIFT > 14y u2+ ul = u3 (u3 = b+a)
ganvao B
Lap lai cac phim: [+][ALPHA][A[[SHIFT][STOI[A] ---> 14y u3+ u2 = u4 gan
vao A

[+][ALPHA]B][SHIFT[sTO[[B] ----> lay u4+ u3 = u5 gan vao B

Bay gié mudn tinh un ta @ mot lan véE , cti lién tuc nhu vay n - 5 lan.
Vi du: (S6 GD Can Tho, 2001, 16p 9) Cho day ul = 8, u2 = 13, un+1 = un + un-1
(n = 2).
a. Lap qui trinh bAm phim lién tuc dé tinh un+1?
b. Stf dung qui trinh trén tinh ul3, ul7?
-- Giai --
a. Lap qui trinh bAm phim
Qui trinh 4n may (fx-500MS va fx-570 MS)

An cac phim: 1
[+]8[sHIFT][sTOl[B]
Lip lai cac phim: [+][ALPHA][A][SHIFT][STO|[A]

[+][ALPHA][BI[SHIFT][STO|[B]|

b. St dung qui trinh trén dé tinh ul3, ul7

An cac phim: [A [/ [al [ [A] =] [a] [ [Al [ [a] [ [A] ] [A][H] (413 - 2584)
BEEEEEEE 17 -17711)

Két qia: ul3 = 2584; ul7 = 17711
Dang 6.3. Day Lucas suy rong dang
Téng quat: Cho ul = a, u2 = b, un+1 = Aun + Bun-1 (v6i n = 2. a, b 1a hai
s0 tuy ¥ nao d6)
Qui trinh 4n may (fx-500MS va fx-570 MS)

An cac phim: b ----> gan u2 = b vao bién
nhé A

<A [+l[x|B[SHIFT[[STOIB] .5 tinh u3 (u3 = Ab+Ba) gén
vao B
Lap lai cac phim: A B ----> Tinh u4 gan
vao A

xXIA [+][ALPHA] [B] [x|B[SHIFT][STO| [B] _._.., 14y u5 gan vao B

Bay gié mudn tinh un ta @ mot lan véE , cti lién tuc nhu vay n - 5 lan.
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Vi du: Cho day ul = 8, u2 = 13, un+1 = 3un + 2un-1 (n = 2). Lap qui trinh bim
phim lién tuc dé tinh un+1?
-- Giai --
Lap qui trinh bAm phim
Qui trinh 4n may (fx-500MS va fx-570 MS)
An cac phim: 1
[<|3+J8[x[2/sHIFT][sTO][B]
Lip i cie phim: R SHIET
[x[3[+] [x]2[SHIFT]

Dang 6.4. Day phi tuyén dang
Cho Choul =a,u2 ="b, Y%= U + U7y (v6in > 2).
Qui trinh 4n may (fx-500MS va fx-570 MS)
An cac phim: b[SHIFT|[STOI[A] ----> gan u2 = b vao bién nhé A

---->1ay u22+ ul2 = u3 (u3 = b2+a2)
ganvao B
Lap lai cac phim: |ALPHA||SHIFI-”STO| ----> ldy u32+ u22 =

u4 gan vao A

——> la’y u42+ u32 = ub gén
vao B
Bay gio mudn tinh un ta @ mot lan véE , ¢t lién tuc nhu vay n - 5 lan.
Vi du: Cho day ul = 1, u2 = 2, Y1 =%+l (n > 2).
a. Lap qui trinh bAm phim lién tuc dé tinh un+1?
b. Tinh u7?
-- Giai --
a. Lap qui trinh bAm phim
Qui trinh 4n may (fx-500MS va fx-570 MS)
An cac phim: 2
L[+ He][sHiFT][STO|[B]
Lip lai cac phim:
[|[+][ALPHA][BI[x2][SHIFT][STO|[B]

b. Tinh u7

An cac phim: A= w6 =750797)
Tinh u7 =u62 + u52 = 7507972 + 8662 = 563 696 135209 + 749956 =
563 696 885165
Két qia: u7 = 563 696 885165
Cha §: Pén u7 may tinh khéng thé hién thi dugc day di cac chif sd trén man
hinh do d6 phai tinh tay gia tri nay trén gidy nhap c6 si dung may tinh hé trg
trong khi tinh. Vi du: 7507972 = 750797.(750.1000+797) = 750797.750.1000
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+ 750797.797 = 563097750.1000 + 598385209 = 563097750000 +
598385209= 563 696 135209.
Dang 6.5. Day phi tuyén dang
_ 2 2
Cho Choul =a,u2 =50, Uy =A U +Bu; (véin = 2).
Qui trinh 4n may (fx-500MS va fx-570 MS)

An cac phim: b[SHIFT][STOJ[A] ----> gan u2 = b vao bién
nhé A

A B----> Tinh u3 = Ab2+Ba2 gan
vao B
Lap lai cac phim: A B---—> Tinh ud
gan vao A

Léllx]A B[SHIFTI[STOIB] -_..> Tinh u5 gan vao
B

Bay gié mudn tinh un ta @ mot lan véE , ¢t lién tuc nhu vay n - 5 lan.
Vi du: Cho day ul = 1, u2 = 2, U =3up +2u7 (n 2 2). Lap qui trinh bAm phim
lién tuc dé tinh un+1?
-- Giai --
Lap qui trinh bAim phim
Qui trinh 4n may (fx-500MS va fx-570 MS)
An cac phim: 2

e[| 3 x| SHIFT][STOl B
Lap lai céc phim:  CIXI3HALPHA]ATL [ 2SHIFT][STO][A]
e[ d=][ALPHA]B]L* ][] 2SHIFT][STOI[B]

Dang 6.6. Day Fibonacci suy rong dang
Choul =u2 =1; u3 = 2; un+1l = un + un-1 + un-2 (véin = 3).
Qui trinh 4n may (fx-500MS va fx-570 MS)

An cac phim: T[SHIFT ----> gan u2 = 1 vao
bién nhé A

2[SHIFT ----> gan u3 = 2 vao bién nhé
B

ALPHAJ[A[[+ JALPHA[B[ /1 [SHIFTI[STO[IC] ..+ 4 diavao ©
ALPHA|[B] +/[ALPHAA[[SHIFT|[STO|[A] _

Lap lai cac phim: ---> tinh ub gan

bién nhé A

[+[[ALPHA|[C][+][ALPHAI[BI[SHIFTI[STO[B] .5 tinh u6 gan bién
nhé B

[+[[ALPHA|[A][+][ALPHA][CI[SHIFTI[STOIC] .5 tinh u7 gén bién
nhé C

Bay gid mudén tinh un ta @ @vég , cl lién tuc nhu vay n - 7 lan.
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Vi du: Tinh s8 hang thi 10 cia day ul = u2 = 1; u3 = 2; un+1 = un + un-1 + un-
2?
Qui trinh an may (fx-500MS va fx-570 MS)
An cac phim:

1[SHIFT|[STOJ[A] 2[SHIFT|[STOI[B|[ALPHA][A][+]ALPHA[B]+]1 [SHIFT|[STO|[C]
[+][ALPHA][BI[+][ALPHA]A|[SHIFT]|[STO|[A] [+][ALPHA][C|+[ALPHA|[BI|[SHIFT|[STO|[B]
[+][ALPHA][A][+][ALPHA][C|[SHIFT][STO|[C| [A] [a] [=] [A] [A] [=] [A] [A] =] (ul0 = 149)

Dang 6.7. Day truy hoi dang
Téng quat: Cho ul = a, u2 = b, un+1 = Aun + Bun-1+ f(n) (v6in = 2)
Qui trinh 4n may (fx-500MS va fx-570 MS)

An cac phim: b ----> gan u2 = b vao bién
nhé A

A [Halx|B[+|f(n)SHIFTI[STOIB]. ., tinh u3 (u3 = Ab+Ba+f(n))
ganvao B
Lap lai cac phim: A B f(n) --==> Tinh u4
gan vao A

A B f(n) ----> tinh u5 gan vao
B

1
Vi du: Choday ul = 8, u2 = 13, un+1 = 3un + 2un-1 + N(n = 2).
a. Lap qui trinh bAm phim lién tuc dé tinh un+1?
b. Tinh u7?
-- Giai --
a. Lap qui trinh bAm phim
Qui trinh 4n may (fx-500MS va fx-570 MS)
An cac phim:
13SHIFT][STO|[B]
2[SHIFT][STO][X]
Lip lai cac phim:|ALPHA||X||+|1|SHIFT||STO|

JALPHA] [B[+]2[ALPHA] [A][+[1a” < [ALPHAX]SHIFT] [STO|
[a][<] [Bl[+/1a”*[ALPHA[X][SHIFT] [STO]
b. Tinh u7 ?

An  cac  phim:  [AEIAIAIAIE Al [Al[Al[A[ [ [Al [ [Al[A]A]H 7 -

8717,92619)

Két qua: u7 = 8717,92619
Dang 6.8. Day phi tuyén dang
Téng quat: Cho ul = a, u2 = b, un+l = Fi(u,)+Fy(u, ) (v6in = 2)
Qui trinh 4n may (fx-500MS va fx-570 MS)
aSHIFT||STO|A|

b/SHIFT|STO| B

An cac phim:
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F.(ALPHA|B|)+F,(ALPHA|A|)\SHIFT|STO|A]
F.(ALPHAJA|)+F,((ALPHA]B|)SHIFT|STO|B]

_5u, +1 W, +2

Lap lai cac phim:

un+ ,
Vidu: Cho ul = 4;u2 =5, 1 3 5 . Lap qui trinh 4n phim tinh un+1?
-- Giai --
Qui trinh 4n may (fx-500MS va fx-570 MS)

4/SHIFT|STO|A|
5SHIFT|STO|B]

An cac phim:

Lap lai cac phim:

[([([SALPHATBI=)]a”<[3)] - [JALPHATA]x?[+12)] 2 |5)[SHIFT]STO[ Al
[(J(sALPHATATD] 2 “I3)]| - [(JALPHAB[x?[+]2])[a”°|5)[SHIFTISTO[ B

Dang 6.9. Day Fibonacci t(;ng quat
k

Uy = Z F(u;)
i=1

Téng quat: trong d6 ul, u2, , uk cho truéc va Fi(ui) la cac
ham theo bién u.
Dang toan nay tuy thudc vao tirng bai ma ta cé cac qui trinh lap day phim riéng.
Chu ¢: Cac qui trinh 4n phim trén day la qui trinh &n phim t8i vu nhét (thao tac
it nhat) xong c6 nhiéu dang (thuong dang phi tuyén tinh) thi ap dung qui trinh
trén néu khéng can than sé din dén nham lan hoic sai x6t thit tu cac sé hang.
Do d6, ta c6 thé sii dung qui trinh &n phim theo kiéu dién giai theo n6i dung day
s& dé tranh nham 1an, van dé nay khéng anh huéng gi dén danh gia két qua bai
giai.
_ 2 2

Vidu: Choul =a,u2 =b, Uy = A U+ Bug (v6in = 2).
Qui trinh 4n may (fx-500MS va fx-570 MS)
An cac phim: ASHIFT ----> gan ul = a vao bién nhé A

biSHIFT ----> Tinh u2 = b gan vao B

Lap lai cac phim: A B --> Tinh u3
gan vao A

A B[ALPHA]BILC][SHIFT][STOI[B] ... Tinh u4 gan
vao B
Bay gio mudn tinh un ta @ mot lan véE , ct lién tuc nhu vay n - 4 lan.
Nhan xét: = Léap qui trinh theo kiéu nay thi tit ca dang toan déu lam dugc, rat
it nham 13n nhung tinh t8i uu khéng cao. Ching han véi cach lap nhu dang 6.5

thi d€ tinh un ta chi can an [a] <] lién tuc n - 5 1an, con lap nhu trén thi phai an
n - 4 lan.

= Nh& vao may tinh dé tinh cac s6 hang cia day truy héi ta cé6 thé
phat hién ra quy luat cia day sé (tinh tuan hoan, tinh bi chin, tinh chia hét, sé
chinh phuong, ) hoic gitp chiing ta lap dudc céng thiic truy héi ctia day cac day
s0.
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= Pay la dang toan thé hién ré nét viéc van dung may tinh dién t&
trong hoc toan theo huéng ddi méi hién nay. Trong hau hét cac ky thi tinh, thi
khu vuc déu c6 dang toan nay.

Bai tap téng hgp
Bai 1: (Thi khu vuc, 2001, 16p 9) Cho day ul = 144; u2 = 233; un+1 = un + un-1.
a. Lap mét qui trinh bAm phim dé tinh un+1.
Y. Uy Uy U
b. Tinh chinh xac dén 5 chii sé sau ddu phdy cactiss % Y2 Us Us
Bai 2: (Thi khu vuc, 2003, 16p 9) Cho day ul = 2; u2 = 20; un+1 = 2un + un-1.
a. Tinh u3; u4; u5; u6; u7.
b. Viét qui trinh bAm phim d¢& tinh un.
c. Tinh gia tri cua u22; u23; u24; u25.

(203 (e

Bai 3: (Thi khu vuc, 2003, 16p 9 du bi) Cho day s& 2V3
a. Tinh 8 sd hang dau tién cta day.

b. Lap céng thiic truy héi dé tinh un+2 theo un+1 va un.

c. Lap mét qui trinh tinh un.

d. Tim cac s8 n dé un chia hét cho 3.

Bai 4: (Thi khu vuc, 2003, 16p 9 du bi) Cho u0 = 2; ul = 10; un+1 = 10un - un-1.
a. Lap mét quy trinh tinh un+1

b. Tinh u2; u3; u4; us, ub

c. Tim cong thiic tdng quat cia un.
2

Bai 5: (Thi vé dich toan Léningrat, 1967) Cho day ul = u2 = 1; %1 = U+ U1, Tim
s6 du cta un chia cho 7.
Bai 6: (Tap chi toan hoc & tudi tré, thang 1.1999) Cho ul = 1; u2 = 3, un+2
2un+1 - un+1. Chitng minh: A=4un.un+2 + 1 la sé chinh phuong.
Bai 7: (Olympic toan Singapore, 2001) Cho al = 2000, a2 = 2001 va an+2
2an+1 -an + 3 v6in =1,2,3 Tim gia tri al00?
Bai 8: (Tap chi toan hoc & tudi tré, thang 7.2001) Cho diy sd un dugc xac dinh
béi: ul = 5; u2 = 11 va un+1 = 2un - 3un-1 v6i moi n = 2, 3, . Chitng minh rang:
a. Day s6 trén co6 vo so s6 duong va s6 am.
b. u2002 chia hét cho 11.
Bai 9: (Thi gidi toan, 1995)Day un dugc xac dinh béi:

u,,,+9u,,n=2k

u0 = 1, ul = 2 va un+2 = {9“n+1+5“n’”=2k+1 véimoin=0,1,2,3, .
Chiing minh rang:
2000
P ,
a. <195  chia hét cho 20
b. u2n+1 khéng phai la s6 chinh phuong v6i moi n.
Bai 10: (S6 GD Lam Péng, 2005) Cho ul = u2 = 7; un+1 = ul2 + un-12. Tinh
u7=?

Bai 11: (Truong THCS Pong Nai - Cat Tién 2005)

2
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2
5un un4

Choddy ul =u2 =11;u3 = 15; un+1 = St 24U ygin>3
a. Lap quy trinh bAm phim dé tim sé hang th& un cua day?

b. Tim s6 hang u8 cta day?

Bai 12: (Truong THCS Pong Nai - Cat Tién 2005)

Cho day ul = 5; u2 = 9; un +1 = 5un + 4un-1 (n=2).

a. Lap quy trinh bAm phim dé tim sé hang th& un cua day?
b. Tim s6 hang ul4 cua day?

Bai 13: (Phong GD Bao Lam, 2005)

a.Cho u,=1,1234;u ,,=1,0123.u, (meN;n=>1) Tinh Ys0?

2
+
u,=5 ;un+1=3u‘; 13 (neN;n21)

b. Cho Ut . Tinh Y152

c. Cho u0=3 ; ul=4 ; un = 3un-1 + 5un-2 (n=2). Tinh ul2 ?

Bai 14: (Thi khu vuc 2002, 16p 9)Cho day sé xac dinh béi cong
4x 2 +5

n+1 =

2
thic Xy +1 , n la sé tu nhién, n >= 1. Biét x 1 = 0,25. Viét qui trinh an
phim tinh xn? Tinh x100?
VIL. Dang 7: PHUONG TRINH SAI PHAN BAC HAI VA MOT SO DANG TOAN
THUGNG GAP
Phuong trinh sai phian la mét trong nhitng dang toan khé va phic tap, né

khéng dugc nhic dén trong cac sach giao khoa phé thong hién tai (ca sach cap
2 va cap 3) ma chi dugc nguyén ciu trong cac truong dai hoc, cao ding. P3i véi
toan phé théng chi dugc viét dusi dang cac bai toan thuc t& nhu 1y thuyét day,
1di kép - nién khodn, cAp s6 nhung trong cac ky thi HSG gan day dang toan
nay thuong xuyén xuat hién, nhat la cac ky thi cdp khu vuc. Trong phan nay chi
trinh bay cac kién thic co ban va don gian nhat vé phuong trinh sai phan bac
hai va cac dang toan cé lién quan dén cac ky thi HSG bac THCS.

Yéu cau: Cac thi sinh (trong d6i tuyén truong THCS Péng Nai) phai nim
viing cac kién thiic co ban vé day truy hoi, phuong trinh bac hai, hé phuong
trinh bac nhéic hai 4n s6, phuong phap tuyén tinh héa.

7.1. Phuong trinh sai phan tuyén tinh thuan nhat bac 2:

Pinh nghia: Phuong trinh sai phan tuyén tinh thuan nhat bac hai v6i hé s6

ax,,+bx. ,+cx, =0 (*); véun=0;12...

n+2 n+1

la hang s6 c6 dang: trong d6 a#0; b, c la
héng s6.
Nghiém téng quat:
, ax,,+ bXn+1 = OC}Xm—Z = _EXnH = 7\’Xn+1
e Néu c = 0 thi phuong trinh (*) c6 dang: a cé
nghiém téng quat Xps = A°Xy .
e Néu phuong trinh (*) cé6 phuong trinh dic trung la ar*+bA+c=0 ¢4 hai

nghiém Moo thi viéc tim nghiém dua vao cac ménh deé sau:
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Ménh dé 1: Gia st hai nghiém ctia phuong trinh dic trung la phan biét (7L1 =h

2)
khi 4y phuong trinh (*) c6 nghiém téng quat la: X, =CiAy+Ch, trong d6 C1, C2
la nhiing s6 bat ky goi la hang sé tu do va dugc xac dinh theo diéu kién ban dau
x0, x1.

Vi du 1: Tim nghiém cia phuong trinh sai phan: %
-- Giai --

Phuong trinh dac trung A*-3.-28=0 ¢4 hai nghiém
u, =C,(-4)"+C,7"

=7,u,=-6;u,,, =3u,,,+28u,

n+2 n+1

hy=—4h, = 7. Vay nghiém

téng quat c6 dang:

Véin = 0tacé: 1T C=7(=%)
Véin =1 ta co: -4.C,+7C, = 6(=x,)
{C1+C2:7 {C1=5
Giai he (4Ci¥7C,=-6 _  (C,=2
Vay nghiém t6ng quat phuong trinh cé dang: % ~ 5.(-4)"+2.7"
Ay =hy =2
Ménh dé 2: Néu phuong trinh dic trung cé6 nghiém kép "7 a thi nghiém

téng quat cua phuong trinh (*) c6 dang: X, =Cyhq +Conh7 = (C, +C,n)Aq trong d6

C1, C2 la hing sé tu do va dugc xac dinh theo diéu kién ban dau x0, x1.
Vi du 2: Tim nghiém phuong trinh sai phan: Y% = —tu=2u,,=10u,,-25u,

- Giai -

Phuong trinh dic trung A°-100+25=0 ¢4 hai nghiém A=k, =5 Vay nghiém téng
U, =(C,+Cn)5"

C, =1

quat c6 dang:
Véin = 0 ta co6:
(C,+C,).5=2=>C, =~
Véin =1 ta cé: S
, u =1+ L)
Vay nghiém tong quat phuong trinh c6 dang: S
Ménh dé 3: Néu phuong trinh dic trung khéng c6 nghiém thuc thi nghiém téng

quat cua phuong trinh () cé6 dang: X, =1"(C, cosne+C, sinne)

A
r=\/A2+BZ;(p=arcth; A=—£;B=—| | . .
A 2a 2a ; C1, C2 la hing sé tu do xac dinh theo

trong 4o

diéu kién ban dau x0, x1.

nt — Un

Uy =1 u, zl;umz =u
Vi du 3: Tim nghiém cta phuong trinh sai phan: 2
-- Giai --
1+i/3
2

o =
Phuong trinh dac trung A?-%2+1=0 ¢4 hai nghiém phic "
Ta c6: 2 2 3
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nrm . Nm
) u, =C,cos—+C,sin—
Vay nghiém téong quat c6 dang: 3 3.
u0=1;u1=1 C1cos£+Czsin£=1
Véi 2 thi C1 = 1va 3 3 2=>C2=0.
nn
, u, = cos—
Vay nghiém téong quat c6 dang:
Bai tap
Tim nghiém un cua cac phuong trinh sau:
U, =8u,=3u,,=12u,-u_,

n+2

a.

b. Y =2u,=-8u,,,+8u, ,—9u =0

+16u, =0

n+2

U =T u =16,u, ., -8u,,

C.
7.2. Phuong trinh sai phan phi tuyén bac 2:
7.2.1. M6 dau:
Dang téng quat: F(xn+2, xn+1,xn) =0; n =0; 1; 2; .
Dang chinh tiac: xn+2 =f( xn+1, xn) ; n = 0; 1; 2; .
Vi du: Tinh gié trj day: Y = U =Tty = Ui+ U Vn22
7.2.2. Phuong phap tuyén tinh hoéa:
7.2.2.1. Phuong phap biéu dién nghiém duéi dang tuyén tinh:

Uy=u="mu = Uy s +2 vn>3
Vi du 1: Cho day Un-o . Tim dang tuyén tinh cua day da
cho?
-- Giai --

Goi s6 hang t8ng quat ctia day cé dang: Y =31t bu, ,+¢ (*)

Cho n = 1; 2; 3 ta dugc % =3 U =11 Us =41
a+b+c=3 a=4
3a+b+c=11 b=-1

Thay vao (*) ta dugc hé: 1a+3b+c=41 => c=0

Vay u, = 4un—1 —U,,
Chu §: Ta c6 thé diung phuong phap qui nap dé chiing minh céng thiic trén.

7.2.2.2. Phuong phap dit 4n phu:

U, =1;u1 =1;un = Uity ;Vn>2
Vi du 2: Cho day 2 3 3U,_, —2U, 4 . Tim céng thiic téng quat chta
day.
-- Giai --

Ta thay "~ O(V()’i moi n) vi néu un = 0 thi un-1 = 0 hodc un-2 = 0 do d6 u2 = 0
hoac ul = 0. Vo li.

1
vV, =—

Dat Ur khi &y Vo =30~V c6 phuong trinh dac trung A2-3h+2=0 ¢o

nghiém M=Th, =2

o
v.=C,+C,.2" Ci=1C=7

Céng thiic nghiém téng quat: .Véin = 0; 1 ta cé:
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1

_ n-1 U, =—+7
Vay Vn_1+2 hay 1+2 !

7.2.2.3. Phuong phap bién déi tuong duong:
- — . — = 2 - 2
Vi du 3: Cho day Up =2 U, =6+33; Up.1 =34, \,8un+1,Vn22. Tim cong thic tong
quat cua day.
-- Giai --
2 2
Binh phuong hai vé phuong trinh da cho ta cé: Y+ —6U,..U, U, =1 .

2 2 _
Thay n + 1 béi n ta dugc: —6u,u +u, =1

Trut tirng vé cta hai phuong trinh trén ta dugc: (Unay = Uny) (Upiy =B, +U, ) =0

_ 2
Do U —3u, =+/8u; +1 nén Uni >3U,>9u, >u,

Un. _6un +tuU, = 0

Suy ra c6 phuong trinh dac trung A -BL+1=0 ¢q nghiém

Ay, =3+/8
. =C1(3+\/§)n +C2(3—\/§)n
_ 8466

2 u
Céng thiic nghiém téong quat

Ci
Tu cac gia tri ban dau suy ra: 8
)] o ]
u, =
Vay s hang téng quat: 8

Bai tap

— 0 _ 2
Bai 1: Tim nghiém t6ng quat ctia phuong trinh sau: Up = 0; Uy = SU, +/240, +1

u
u,=Tu —_—

Nl — 2
Bai 2: Xac dinh s6 hang t6ng quat cia day sé: 243+,
7.3. M6t s6 dang toan thuong gap:
7.3.1. Lap céng thiic truy héi tir céng thiic tdng quat:

2] -2

u, =

Vi du 1: (Thi khu vuc 2005) Cho day so6 22 . Lap coéng thiic
truy héi dé tinh Y2 theo Un1, Un,

-- Giai --
% Céach 1:
Gia sit Unz = aU,, +bu, +C ).

Véin=0, 1,2, 3 ta tinh dugc Y =0 =1U,=6u,=29u, =132

a+c=6 a==6
6a+b+c=29 b=-7
Thay vao (*) ta dugc hé phuong trinh : 29a+6b+c=132 => (€= 0

Vay U = 6un+1 - 7un

Chi ¥: Véi bai trén ta c6 thé gia s Unz = 8Un +DU

% Cach 2:

nthi bai toan sé giai nhanh hon.
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bat Ay =3+42;1,=3-42 khi ay ht+h, =6vadh, =7 chiing té Mt 13 nghiém cua

2 _
phuong trinh dac trung M -6h+7=0<21"=6L-7 do d6 ta cé: ™ =6h =7 va
A2 =6L,—7
n+2 _ n+1 n
Suy ra: AT =BT =T
A2 =615 — TS

Vay AP =g = (BA] = TA]) - (B = 7A5) = B(A] — A5 )= 7(A] —A3)

, (3+v2) " ~(3-+2)"" :6[(3+ﬁ)“+1_(3_ﬁ)“+j_7[(3+ﬁ)“_(3_@”}

(3+\/§)n+2 (3_\/§)n+2 (3+\/§)n+1 (3_\/§)n+1 (3+\/§)n (3_\/§)n
— =06 — -7 —
242 2\2 2V2 2\2 2\2 2\2

2= 6un+1 - 7l"In .

ha

&

tiic 1a U
7.3.2. Tim cong thiic t6ng quat tir cong thiic truy hdi:

Vi du 2: (Thi khu vuc 2002) Cho day sé % =2u, =10vaa,,, =10u, —u,_, (*). Tim céng

thiic téng quat un cua day?

-- Giai --

Phuong trinh ddc trung cta phuong trinh (*) la: A?=101+1=0 ¢6 hai nghiém

Ay, =5+26

Vay U= CM G =G, (5+26)"+C,(5-246)

{01 +C,=2
5+2v6)C, +(5+2J6)C, =10 {
Véin = 0; 1 ta c6 hé phuong trinh sau: ( ) ! ( ) 2 =>
, , u =(5+2v6) +(5-2v6)
Vay s6 hang tong quat " ( \/7) ( I) .
7.3.3. Tinh s hang thi n cia day khi biét cong thiic truy hoi:
Cac giai: Néu lip theo cong thic truy héi ma sé lan lip qua nhiéu sé dan dén
thao tac sai, do d6 ta sé di tim cong thiic tdng quat cho sé hang un theo n sau
d6 thuc hién tinh.
Vi du 3: Cho day s& % =2u,=10vaau,, =10, ~U,, Tiph & hang th& ul100?
-- Giai --
% Cach 1:
Qui trinh 4n may (fx-500MS va fx-570 MS)
An cac phim: 2/SHIFT
10[SHIFT
Lip lai cac phim: 10[ALPHA|[B] [-][ALPHA][A] [SHIFT][STO|[A]
10[ALPHA]|[A][-][ALPHA][B]| [SHIFT][STO][B]

Bay gio mudn tinh ul00 ta [Al[] 96 lan.
% Cach 2:

U, =(5+2v6) +(5-2V6)

Tim cdng thic téng quat
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Qui trinh 4n may (fx-500MS va fx-570 MS)

[l e oo+ (s=12 e T1od

Nhan xét: Nhu vay cach 2 sé nhanh va chinh xac hon nhiéu so vé6i cach 1 nhung
sé mat thoi gian dé tim ra céng thiic tdng quat. Do d6 néu sd hang can tinh la
nho thi ta dung cach 1, con 16n ta sé dung cach 2.

VIII. Dang 8: MAY TINH PIEN TU TRQ GIUP GIAI TOAN

V6i may tinh dién ti, xuat hién mét dang dé thi hoc sinh giéi toan méi: két hop
hitu co gitita suy ludn toan hoc véi tinh toan trén may tinh dién ti. Cé6 nhiing bai
toan khé khéong nhitng chi doi héi phai ndm viing cac kién thiic toan (li thuyét
déng du, chia hét, ) va sang tao (cach gidi doc dao, suy luan dic biét, ), ma
trong quéa trinh gidi con phai xét va loai trit nhiéu truong hop. Néu khong ding
may tinh thi thoi gian lam bai sé rat lau. Nhu vay may tinh dién t& ddy nhanh
téc d6 lam bai, do d6 cac dang toan nay rat thich hgp trong cac ky thi hoc sinh
gidi toan két hgp véi may tinh dién ti. (Trich 16i dan cia Ta Duy Phuong - Vién
toan hoc).

Mot s6 vi du minh hoa

Vi du 1: (Thi khu vuc, 2003, 16p 9)

Tim t4t ca cac s8 tu nhién n (1010<n<2010) sao cho &~ V20203+21n ciing la s6
ty nhién.

-- Giai --

Vi 1010 < n < 2010 nén 203,5 ~ V41413 < an < V62413 1 249,82,

Vi an nguyén nén 204 < n = 249. Ta c6 an2 = 20203 + 21n = 21.962 + 1 +
21n.

Suy ra: an2 - 1 = 21(962+n), hay (an - 1)(an + 1) = 3.7.(962+n).

2 — —
Do 46, 3, ~1=(a,~1)(a, +1) chia hét cho 7.
Chiing t6 (an - 1) hodc (an + 1) chia hét cho 7. Vay an = 7k + 1 hodc an = 7k - 1.

* Néu an = 7k - 1 thi do 204 < n =7k-1< 249 => 29,42 < k < 35,7. Do k nguyén
_ .24-29- 22 - 2 _ :
nén k= {30’31’32’ 33,34, 35} Vi —1=7k(7k-2) chia hét cho 21 nén k chi la: 30; 32;

33; 35. Ta co6:

k 30 32 33 35

n | 1118|1406 | 1557 | 1873
an | 209 | 223 | 230 | 244
* Néeu an = 7k + 1 thi do 204 < n =7k-1< 249 => 29,14 < k < 35,57. Do k

5 5 k ={30;31,32,33,34;35}
nguyén nén .

2
Vi a, —-1=7k(7k+2) k 30 32 33 35 chia hét cho 21 nén k
chi la: 30; 31; 33; ~ n |1118 1406|1557 | 1873 | 34 T, ¢6:
an | 209 | 223 | 230 | 244

Nhu vay ta c6 tat ca 8 dap so.
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Vi du 2: Tinh A = 999 999 9993

-- Giai --

Ta c6: 93=729; 993= 970299; 9993=997002999; 99993=
99992.9999=99992(1000-1)= 999700029999.

Tt d6 ta c6 quy luat: nodss n-dwss nidibms naosos

Vay 999 999 9993 = 999 999 997 000 000 002 999 999 999.

Bai tap téng hgp

Bai 1: (Thi khu vic, 2002, 16p 9, dy bi)

a. Tim s3 tu nhién n nhé nhat sao cho n3 la mét sé c6 ba chit s6 dau va bén chit
s8 cudi déu béng 1, tiic la n3 = 111...1111,

b. Tim s8 ty nhién n sao cho (1000 < n < 2000) sao cho &~ Vo7121+35n 15 ¢8 tu
nhién.

N g ? ’ ~ oA *kkkk*k I L 2, . r
c. Tim tit ca cac sé tu nhién n sao cho n2 = 2525 89, cac dau * & vi tri
7 7 AR P 7 g 7
khac nhau cé thé la cac sé6 khac nhau.

d. Tim tat ca cac sé n c6 ba chit s6 sao cho n69 = 1986... n121 = 3333...

Bai 2: (Thi khu vuc 2003, 16p 9, du bi)

a. Tim cac chit s6 a, b, ¢ dé ta c6: adxbcd=7830

b. Tim cac sé c6 khéng qua 10 chit s6 ma khi ta dua chit s6 cudi cung lén vi tri
dau tién thi sé d6 tang lén gap 5 lan.

c. Hay tim 5 chii s6 cudi cing cta s6 2° +1 (S6 Fecma thu 24)

d. Giai phuong trinh x2 - 2003[X] + 2002 = 0 véi [X]lé phan nguyén cua x.

Bai 3: (Thi khu vuc 2003, 16p 12) Tim sé du khi chia 20012010 cho s6 2003.
Bai 4: (Thi khu vuc 2001, 16p 10)

a. Tim cac uéc s6 nguyén t6 nhé nhat va 16n nhit caa s6 2152 + 3142,

b. Tim s6 16n nhat va nhé nhét trong cac sé tu nhién dang x2y324 chia hét cho
7.
Bai 5: (S6 GD Can Tho 2003) S6 312 - 1 chia hét cho hai s6 tu nhién nam trong
khoang 70 dén 79. Tim hai s6 d6?
Bai 6: (Thi khu vuc 2002, 16p 12) Tim UCLN cia hai s6 sau: a = 24614205; b =
10719433.
Bai 7: Kiém nghiém trén may tinh cac s6 dang 10n + 1 la hop sé véin = 3, ,
10. Chiing minh ring, sé dang 10n + 1 c6 thé la s6 nguyén t8 chi khi n c6 dang
n = 2p. (Gia thiét: 10n + 1 la s6 nguyén t6 khi va chi khi n = 1 hoidc n = 2).
Bai 8: Tim tit ca cac cip s6 3 va Cdsao cho khi d8i ngugc hai sé d6 thi tich
khéng déi, tic la: abxcd=baxdc (vj du: 12.42 = 21.24 = 504)

m ﬁ(S(m,n)z‘%—ﬁ

Bai 9: Tim phan s6 N xap xi t6t nhat

la nhé nhat), trong d6
m, n la sé c6 hai chit so.
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Bai 10: (Truong THCS Po6ng Nai - Cat Tién, 2005) Cho sd tu nhién n (5050
<N<8040) sao cho an = V80788+7n (¢{ing la s6 ty nhién.
a. an phai nam trong khoang nao?
b. Chiing minh ring an chi c6 thé la mét trong cac dang sau: an = 7k + 1 hoic
an=7k-1 (v6ikeN)
Bai 11: (S6 GD Lam DPéng, 2005) Cho k = al + a2 + a3 + + al00 va
2k +1

© (4K Tinh k2
Nhan xét: = Dang bai nay thuc chét la bai thi hoc sinh gidi toan, né nang cao ¢
nghia ctia muc dich dua may tinh vao truong phé théng, phu hgp véi ndi dung
toan SGK d6i méi. Nhd may tinh bé tai gitp cho ta din dit t&i nhiing giai
thuyét, nhitng quy luat toan hoc, nhitng nghién citu toan hoc nghiém tuc.

» Trong cac ky thi tinh dang bai nay chiém khoang 20% - 40%, cac
ky thi khu vuc khoang 40% - 60% s6 diém bai thi. Cé6 thé néi dang toan nay
quyét dinh cac thi sinh tham du ky thi c6 dat dugc giai hay khéng. Nhu vay, véu
cau dat ra la phai gidi toan truéc, réi méi gidi tinh.

» Hién nay, da sd thi sinh c6 mit trong d6i tuyén, ciing nhu phu
huynh nhéan dinh chua chinh xac quan diém vé moén thi nay, thudng danh gia
thap hon mén toan (tham chi coi mén thi nay la mét mén hoc khéng chinh thic,
chi mang tinh chat hinh thiic “thii cho biét”) nhung thuc t& hau hét cac thi sinh
dat giai la cac thi sinh hoan thanh dugc cac bai tip dang nay. Trong khi xu
huéng cta toan hoc hién dai la két hop hitu co giita suy ludn toan hoc va may
tinh dién td (vi tinh), ngay ca trong chuong trinh hoc chinh khéa, SGK luén cé
bai tap vé st dung may tinh dién td.

IX. Dang 9: TIM NGHIEM GAN PUNG CUA PHUGNG TRINH
Trong rat nhiéu truong hop dé giai mét phuong trinh ta chi c6 thé tim nghiém
gan dang cua né (nghiém thuong la nhiing sé thap phan vé han), cac phuong
trinh iing dung trong cudc séng thuc té€ phan 16n thuéc dang phuong trinh nay,
cac phuong trinh c6 nghiém nguyén chi la hitu han ma théi.

Phuong phap lap: Gia si phuong trinh da thic f(x) = 0 c6 nghiém trong (a.b) .

Ta bién d8i f(x) thanh dang x = g(x) (1). LAy mét gia tri x1 (da 16n) nao dé6 tuy ¢
trong khoang nghiém (a.b) . Thay x1 vao (1) ta dugc: x2 = g(x1) (2). Thay x2 vao
(2) ta dugc: x3 = g(x2) (3), , ci tiép tuc nhu vay cho dén buéc n + 1 ma sao cho
cac gia tri lién ti€p = xn-1 = xn = xn+1 thi gia tri x d6 la nghiém gan ddng cia
phuong trinh f(x) = O.

Vi du 1: Tim nghiém gan diing ctia phuong trinh:x16 + x - 8 = 0.

- Giai --

Ta c6: x16 + x - 8 = 0 <=>x = Y8-X_Chen x1 = 2.

Qui trinh 4n may (fx-500MS va fx-570 MS)

Dung phép lap: x = 8- x
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x

(=] 16[SHIFT] Y [(d-TAns])[=]=]=].-[=]
Két qua: 1,128022103
Vi du 2: Tim nghiém gan ding x—/x =1
-- Giai --
Tacé:x =1+ VX_ Chonxl = 2,
Qui trinh 4n may (fx-500MS va fx-570 MS)

An cac phim: 2

Dung phép lap: x =1 + Jx

&n cac phims 2= Y JAns[H{=IEE]L
Két qua: 2,618033989
Nhan xét: = Phuong phap lip dé tim nghiém gan ding cua phuong trinh, xét

vé cach lam tuong d3i don gian, chi can thay nhiing vi tri c6 x trong g(x) bang

bién nhé Ans, sau khi 4n phim [=] gia tri ké tiép theo lai dugc thay thé vao g(x).
Nhung day la dang toan ma hay bi sai dap s6 nhat, I do la cach bién d6i dé
nhan dugc biéu thiic x = g(x) khong hop 1y, biéu thiic g(x) cang phiic tap thi sai
s0 cang 16n dan dén nhiing dap sé khong chinh xac, cé truong hgp do chon biéu
thiic x = g(x) khi thuc hién phép lap lam tran bé nhé may tinh hodc qua tai.

Vi du: O vi du 1 néu bién ddi x = 8 - x16, cho x = 2 la gia tri ban
dau thi sau ba lan thuc hién phép lip may tinh sé bao 16i Math ERROR. O vi du

2, néu bién déi * Z(X_1)2 va chon x = 2 1a gia tri ban dau thi c6 hai nghiém 0 va
1 nhung déu la s6 nguyén, con néu chon x = 15 thi sau mét sd lan lip may bao
16i Math ERROR. Nhung x = 1 + VX thi x ban diu 16n bao nhiéu may van cho
nghiém la 2,618033989 sau mét s6 1an lap va hién nhién khéng thé chon x ban
dau la am dugc.

»» Nhu vay khi ding phép lip dé tim mét nghiém gan ding cua x =

g(x), viec hdi tu cua day X} =9(%01) (cac gia tri x1 > x2 > > xn-1 = xn =
xn+1)tuy thudéc vao diéu kién héi tu cia ham x = g(x) va gia tri ban dau x1 trén

doan [a.b] chita nghié¢m c6 théa man thi méi c6 két qua. M6t phuong trinh da
thitic c6 thé tim dugc nhiéu nghiém gan ding, do d6 khi lam bai can ghi r6 la
dung phép lip nao va cdn than bién déi cac ham x = g(x) cho phu hogp.
Bai tap téng hop (Xem trong cac dé thi & chuong sau)
X. Dang 10: THONG KE MOT BIEN

Pay la mét dang toan co ban dugc néi dén rat nhiéu trong cach sach tham
khdo. Yéu cau cac thanh vién trong ddi tuyén tu nghién ciu vé phuong phap
giai dang toan nay va cac van dé cé lién quan dén boé nhé may tinh khi giai dang
toan nay.
Vi du: M6t van dong vién bdn sing, c6 s6 diém mébi lan bin va sé 1an bin theo
bang sau:
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B tuyean

nNoai

i sinh trong

Piémss (10| 9 | 8 | 7
Sé lan | 25 | 42 | 14 | 15

Hay tinh X 2% Mo, Gﬁ?
Qui trinh 4n may (fx-500MS va fx-570 MS)
IMODE||MODE|2
10[SHIFT];| 25/DT]|
9[SHIFT];| 42| DT]|

6[SHIFT];| 4|DT]

Poc cac sd liéu

[SHIFT[SVARI=] (X= 8,69)

[AC[SHIFT[sSUM[2] (Zx=869)

[AC[SHIFT[sSuM]3=] (n=100)

[AC[SHIFT[SVAR]2]=] (On =112

[SHIFT[SVARH=] (oﬁ =125
Chu ¥: - Truéc khi nhap mét bai toan thong ké khac nén xéa dif liéu cii trong
may.

- Néu sé liéu cho chua dugc 1ap du6i dang bang tan sé can lap bang tan sé
mdéi giai.

- Khéng dé may nhan nhiing sd liéu khéng r6 rang tii sé nhé, théng ké hai
bién, héi quy.
Bai tap téng hop (Xem trong cac dé thi & chuong sau)

XI. Dang 11: LAI KEP - NIEN KHOAN
Bai toan mé dau: G6i vao ngan hang sé tién la a dong, véi lai suat hang
thang la r% trong n thang. Tinh ca vén 1an lii A sau n thang?
-- Giai --
Goi A la tién vén 1an 1ai sau n thang ta cé6:
Thang 1 (n=1): A=a+ar =a(l + r)
Thang2(n=2):A=a(l+r)+a(l +r)r =a(l +r)2

Thangn(n=n): A=a(l+r)n-1+a(l +r)n-1.r =a(l + r)n

Vay A = a(1 + r)n (¥)

Trong d6: a tién von ban dau, r lai suat (%) hang thang, n sd thang, A tién vén
14n 13i sau n thang.

Tu cong thic (*) A = a(1 + a)n ta tinh dugc cac dai lugng khac nhu sau:
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A
In-— n Ar
3 _ A a(1+r)[ (1+r)" 1] ae
1) n_ln(1+r); Z)r‘\/§_1; 3) A= r . 4) (1+n)[(A+r) 1]

(In trong cong thic 1 la Loégarit Népe, trén may fx-500 MS va fx-570 MS
phim an truc tiép)
Vi du 1: M6t s6 tién 58.000.000 d gt tiét kiém theo 1idi sudt 0,7% thang. Tinh
ca von 1an 13i sau 8 thang?
-- Giai --
Ta c6: A = 58000000(1 + 0,7%)8
Qui trinh 4n may (fx-500MS va fx-570 MS)
58000000[({i+].Joo7])[el=] K&t qua: 61 328 699, 87
Vi du 2: Mét ngudi c6 58 000 000d mudn géi vao ngan hang dé dugc 70 021
000d. Héi phai géi tiet kiem bao lau véi lai suat 1a 0,7% thang?
-- Giai --

70021000
In

_ __58000000
(0]

S& thang t8i thiéu phai gtii la: In(1+0,7%)
Qui trinh 4n may (fx-500MS va fx-570 MS)

[1n[70021000{a" *]58000000=[In]([{+] Joo7)[ =]

Két qua: 27,0015 thang

Vay t8i thiéu phai gui la 27 thang.

(Cha ¢: Néu khéng cho phép lam tron, thi ting véi két qua trén s6 thang toi
thiéu la 28 thang)

Vi du 3: S& tién 58 000 000d géi tiét kiem trong 8 thang thi lanh vé dugc 61
329 000d. Tim lai suat hang thang?

-- Gidi -

~_ [61329000
Lai suat hang thang: 58000000
Qui trinh 4n may (fx-500MS va fx-570 MS)
g/ |61320000/2”*|58000000_{=[SHIFT]%]=] Két qua: 0.7%

Vi du 4: Mbi thang gti tiét kiem 580 0004 véi lai suat 0,7% thang. Héi sau 10
thang thi lanh vé ca von 1an 1ai la bao nhiéu?

--Giai--
Sé tién lanh ca goc lan lai:
A 580000(1+O,OO7)[(1+O,OO7)1°—1] 580000.1,007.(1,007"° 1)

0,007 0,007
Qui trinh 4n may (fx-500MS va fx-570 MS)

580000[|[.J007](|[.Joo7A[10[=)[=] =] Joo7]=]
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Két qua: 6028055,598
Vi du 5: Muén c6 100 000 000d sau 10 thang thi phai giii qui tiét kiém la bao
nhiéu méi thang. Véi lai suat gui la 0,6%?
-- Giai --
100000000.0,006 _100000000.0,006
(1+0,008)[ (1+0,006)° - 1] 1,006(1,006" 1)

Sé tién giii hang thang:
Qui trinh 4n may (fx-500MS va fx-570 MS)
100000000(x[1].Joo6[[ ([1].Joos|(|1.Joos A[10-[1)])]=] Két qua:
9674911,478
Nhéan xét: » Can phan biét ré cach gui tién tiét kiém:
+ Gii sd tién a mét lan ----- > 1dy ca vén 1an lai A.
+ Gtii hang thang sé tién a -----> 1ay ca vén 1an 1ai A.
» Can phan tich cac bai toan mét cach hgp Iy dé dugc cac khoang
tinh ding din.
= C6 thé suy luan dé tim ra cac cong thic ti 1) -> 4) tuong ty nhu
bai toan mé dau
w Céac bai toan vé dan sé ciing c6 thé ap dung cac cong thic trén
day.
Bai tap téng hop (Xem trong cac dé thi & chuong sau)
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CHUONG II: MOT SO BE THI HOC SINH GIOI
“GIAI TOAN TREN MAY TiNH PIEN TU CASIO”
Qui dinh: = Yéu ciu cac em trong d6i tuyén cua truong THCS Pdéng Nai - Cat
Tién chi st dung may Casio fx-500 MS, Casio fx-570 MS dé giai.
= Néu khéng qui dinh gi thém thi cac két qua trong cac dé thi phai
viét @t 10 chif s6 hién trén man hinh may tinh.
= Trinh bay bai giai theo cac buéc sau:
- Loi giai van tat
- Thay s6 vao cong thiic (néu cé)
- Viét qui trinh 4n phim
- Két qua
Nhan xét: - Qua chuong “Cac dang toan thi hoc sinh gidi giai toan trén may tinh
dién ti Casio” ta rit ra cac nhan xét nhu sau:

1. May tinh dién ti giap cling c6 cac kién thiic co ban va tang nhanh téc
d6 lam toan.

2. May tinh dién ti giap lién két kién thic toan hoc véi thuc té.

3. May tinh dién t& giup mé rong cac kién thiic toan hoc.

- Qua cac dé thi tinh, thi khu vuc ctia cac nam, ddc biét tit nam 2001 dén nay
(thang 05/2005), dé thi thé hién ré nét cac nhan xét trén day. Cé thé nhin thiy
dé thi tit ndm 2001 dén nay dugc soan theo cac dinh huéng sau day:

1. Bai thi hoc sinh giéi “Giai toan trén may tinh dién ti” phai la moét bai
thi hoc sinh giéi toan c6 su tré giGp cia may tinh dé thi nghiém tim ra cac quy
luat toan hoc hoic tiang toc do tinh toan.

2. DPing sau nhiing bai toan an tang nhiing dinh 1y, tham chi mét 1y thuyét
toan hoc (sé hoc, day truy héi, phuong trinh sai phan, .).

3. Phat huy vai tro tich cuc ctia toan hoc va ctia may tinh trong giai cac
bai toan thuc té.

pé 1:
(Thi chon d6i tuyén thi vong huyén truéng THCS Péng Nai - Cat Tién nim
2004)

Bai 1:
1.1. Thuc hién phép tinh (két qua viét dudi dang hén s6)

A =5322,666744 : 5,333332 + 17443,478 : 0,993
1.2. Tinh gia tri biéu thidc (Iam tron véi 5 chit sd thap phén)

8,0543° + 3/981.635° 4

B- B < B 215 ::\3/3+‘\‘/4+\5/5+W
(589,43111+3,5:11;:J:53,98142 6+

9+ —
513

1.3. Rat gon biéu thiic (két qua viét dusi dang phan sé)
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_ (1" +4)(5* + 4)(9° +4)(13* + A)(7* + 4)(21 + 4)(25° + 4)
(3* +4)(7* +4)(11* + 4)(15" + 4)(19" + 4)(23" + 4)(27* + 4)
1.4. Cho cotga = 0,06993 (00 < a < 900). Tinh:
D- tg*o(1+ cos’ o) + cot g (1-tg’ar)
(sin® o+ tg’a)(1+3sin’ )
(8477579 + 7"8P519) 357
1.5. Tinh: 18"47°"329' ; 2"EPhge _ 4h7P79
Bai 2:
2.1. Cho da thic P(x) = 5x7 + 8x6 - 7,589x4 + 3,58x3 + 65x + m.
a. Tim diéu kién m dé P(x) c6 nghiém la 0,1394
b. V6i m vira tim dugc, tim s6 du khi chia P(x) cho nhi thic (x + 2,312)
c. V6i m vira tim dugc hay dién vao bang sau (lam tron dén chit sé hang
don vi).

1
X -2,53 4,72149 5@ 36,15 S+ 7
P(x)

x*+y* =55,789

X _686

2.2. Giai hé phuong trinh sau: y

2.3. Tim g6c o hop béi truc Ox véi dudng thing v = ax + b di qua

hai diém A(0;-4) va B(2;0)

Bai 3:

3.1. Cho AABCcé bacanha=17,894 cm; b = 15,154 cm; c = 14,981 cm.
Ké ba duong phan giac trong cua AABC cit ba canh lan luot tai Al, B1, C1.
Tinh phan dién tich dugc giéi han béi AABC va AA1B1C1?

3.2. Cho tit giac 16i ABCD néi tiép trong dudng tron ban kinh R, cé cac canh
a=3,657 cm; b=4,155cm; c = 5,651 cm; d = 2,765 cm. Tinh phan dién tich
duoc gidi han béi duong tron va ti giac ABCD?

3.3. Cho bang sé liéu sau. Hay tinh Téng sé tritng (ZX); s triing trung binh cia
mobi

- 2
con ga (X); phuong sai (°x ) va 49 1éch tiéu chuin (°x)?

Sé lugng 12113 |14 (15|16 |17 | 18 | 19| 20 | 21
tring
Sé ga me 6 (10|14 | 2528|2014 12| 9 7

3.4. Dan s6 tinh Lam Péng trong 2 nam ting ti 30 000 000 ngudi l1én dén 30
048 288 ngudi.
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Tinh ti 1& ting dan s6 hang nam cta tinh Lam Pong trong 2 nam d6?
(Két qua lam tron hai chit sé6 thap phan)
3.5. M4t ngudi hang thang gii vao ngan hang sd tién la 1 000 0004 véi 1ai suat
0,45% moét thang.
Héi sau 2 nam nguoi 4y nhan dugc bao nhiéu tién 13i? (lam tron dén hang don
vi)
Bai 4:
4.1. Cho AABC vuédng tai A, c6 AB = c, AC =b.

a. Tinh khoang cach d ti chan dudng phéin giac trong ctia géc vudng
dén méi canh géc vudéng?

b. V6i b =5,78914 cm; c = 8,911456 cm. Tinh khoang cach d6?
4.2. Tim s tu nhién a nhé nhit ma a2 bat dau béi chir s6 15 va két thac béi
56?
Bai 5:
5.1. Cho day ul = 5; u2 = 9; un +1 = 5un + 4un-1 (n=2).

a. Lap quy trinh bAm phim dé tim sé hang th& un cua day?

b. Tim s6 hang ul4 cua day?
5.2. Cho s8 tu nhién n (5050 <" <8040) sao cho an = V80788+7N (iing 1a s& tu
nhién.

a. an phai nam trong khoang nao?

b. Chiing minh ring an chi cé thé 1a mét trong cac dang sau:

an=7k + 1 hoacan=7k-1 (v6i keN)
pé 2:
(Thi th& vong tinh truéng THCS Pong Nai nam 2004)

Bai 1:
1.1. Thuc hién phép tinh

A=6712,53211:5,3112 + 166143,478 : 8,993

1.2. Tinh gia tri biéu thic (Iam tron véi 5 chit sd thap phén)

1
8,9°+ 91526 4
B " 113 6

635.4677+35:5 1) 53 6+ 2
’ ©183) 11+ T
513

1.3. Rat gon biéu thiic (két qua viét dusi dang phan sé)
o (' +6)(T' +6)(13" +6)(19° + 6)(25' + 6)(31 + 6)(37* + 6)
(3°+6)(9" +6)(15' + 6)(21° + 6)(27" +6)(33" + 6)(39" + 6)
1.4. Cho cotga = 0,05849 (00 < a < 900). Tinh:
_ tg'a(sin® a.+ cos’) + cotg’a(sin® a — tg’a)

D 3 3 5
(sin o +tg’a)(1+3sin” a)
E _ (8'45"23% +12"56™23%).3"5" 7
1.5. Tinh: 16477329 : 2"5P"Q9
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Bai 2:
2.1. Cho da thic P(x) = x10 + x8 - 7,589x4 + 3,58x3 + 65x + m.

a. Tim diéu kién m dé P(x) c6 nghiém la 0,3648

b. Vé6i m vira tim dugc, tim s& du khi chia P(x) cho nhi thic (x -23,55)

c. V6i m vira tim dugc hay dién vao bang sau (lam tron dén chit sé hang
don vi).

1
X -2,53 4,72149 5@ 36,15 6+ 7
P(x)
x* —y* = 66,789
X _578

2.2. Giai hé phuong trinh sau: Y
2.3. Tim géc o hop béi truc Ox véi dudng thing v = ax + b di qua
hai diém A(0;-8) va B(2;0)
Bai 3:
3.1. Cho tam giac ABC vuéng tai A c6 duong cao la AH . Cho biét
AB = 0,5, BC=1,3. Tinh AC, AH, BH, CH gan ding véi 4 chit
s6 thap phan?
3.2. Cho tam giac ABC c6 AB =1,05 ; BC=2,08 ; AC=2,33.
a)Tinh dé dai duong cao AH .
b)Tinh d6 dai trung tuyén AM.
c)Tinh sé do géc C .
d) Tinh dién tich tam giac ABC .
3.3. M4t ngudi hang thang gii vao ngan hang sé tién la 10 000 0004 véi 1ai
suat 0,55% mot thang.
Héi sau 2 nam nguoi 4y nhan dugc bao nhiéu tién 13i? (lam tron dén hang don
vi)
Bai 4:
4.1. Choday ul = 3; u2 = 11; un +1 = 8un - 5un-1 (n=2).
a. Lap quy trinh bAm phim dé tim sé hang th& un cua day?
b. Tim s6 hang ul dén ul2 cia day?
5u° U,
4.2. Choday ul =u2 =11;u3 = 15; un+1 = St 2¥U ygin>3
a. Lap quy trinh bAm phim dé tim sé hang th& un cua day?

b. Tim s6 hang u8 cta day?
pé 3:
(Thi vong huyén Phong GD - BT huyén Bao Lam nam 2004)
Bail:
123 581 521

3242242
1.Tinh A= 52 7 28

2.Tinh Bz(ﬁ“)\/ 6-2 2 +12 ++/18-4128
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1,6:[13.1,25j [1,08—22}4 )
C= > —— 15 72+O,6.0,5:—
0.64- (5-2)2

3.Tinh 3 9 4) 17

D=5+ 4

4

6+ i
7+

4

8+

9+

4.Tinh 10

5.Giai hé phuong trinh sau :
1,372x—4,915y =3,123
{8,368x+5,124y =7,318

6.Cho M=12+25*+37"+54°+67°+89’

N=21*+78*+34*+76°+23*+7°

Tim Z dé 3M=2N
Bai 2 :
1 1o, 1 1

= -
1.Tim h bigt : b° 3.218 5673° 4815°

2. Tinh E=7X-12X'13x°-5% 7,17 445 x= -7,1254
3.Cho x=2,1835 va y=-7,0216
= 7xX°y-x*y’ +3x y+10xy* -9
Tinh 5X3 _8X2y2+y3

4.Tim s& du r cua phép chia :
x-6,723x*+1,658x-9,134
x-3,281
5.Cho P(x)=5x"+2x°-4x” +9x*-2x” +x* +10x-m

Tim m dé P(x) chia hét cho da thiic x+2
Bai 3 :

sin25°1228"+2c0s45°-7tg27°
1.Tinh P= c0s36°+sin37°1326"
2.Cho cosx = 0,81735 (géc x nhon). Tinh : sin3x va cos7x
cos’a-sin’a
3.Cho sina = 0,4578 (g6c a nhon). Tinh: Q= (&
_ tg’x(I+cos’x)+cotg’x(1+sin’x)

4.Cho cotgx = 1,96567 (x 1a géc nhon). Tinh (sin’x+cos’x)(1 +sinx+cosx)
5.Cho Wi~ 1:1234;u,,=1,0123.u, meN;nzl) o U

2
+
u1=5;un+1=3u; 13 (neN;n2>1)

6.Cho Ut . Tinh '
7.Cho u0=3 ; ul= 4 ; un = 3un-1 + 5un-2 (n=2). Tinh ul2
Bai 4 :
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1.Cho tam giac ABC vuéng & A véi AB=4,6892 cm ; BC=5,8516 cm. Tinh géc
ABC (bang don vi do d9), tinh d6 dai duong cao AH va phén giac trong CI.
2.Cho ngéi sao 5 canh nhu hinh bén.

Cac khoang cach giita hai dinh khéng lién tiép ciia ngdéi sao AC=BD=CE= =
7,516 cm. Tim ban kinh R cta duong tron di qua 5 dinh cia ngdi sao.

A

LD,

O C

3.Cho tam giac ABC vudng can é A. Trén dudng cao AH, 14y cac diém D, E sao
1

cho AE=HD= 4 AH. Cac dudng thing BE va BD lan lugt cit canh AC & F va G.
Biét BC=7,8931 cm.

a. Tinh dién tich tam giac ABE

b. Tinh dién tich t& giac EFGD

bé 4:
(Thi chon d6i tuyén thi khu vuc Tinh Lim Péng nam 2004)

Bai 1: Thuc hién phép tinh:
1.1. Tinh 4x6 + 3x4 - 2x3 +7x2 + 6x - 11 véi x = -3,1226

3+i5
1+—

1.2. Tinh 4x6 + 3x4 - 2x3 +7x2 + 6x - 11 v6i x = 3
x?+y?—7° +2xy -3
2 2 2 -
1.3. Tinh X +Z Y +2XZygix= 4 ; y=1,5; z = 13,4.

_ tg®a(sin® o+ cos’) + cot g°o

D :
1.4. Cho cotga = 0,05849 (00 < o < 900). Tinh: sin’ o+ tg’a
£ _ (845723 +12"56"23%) 3'5"7°
1.5. 16"477329 : 2"5hg9

1.6. Tinh (1,23456789)4 + (0,76543211)4 - (1,123456789)3.(0,76543211)2 -
- (1,23456789)2. (0,76543211)3 + 16. (1,123456789).(0,76543211)
1.7. Tinh t6ng cac s6 cia (999 995)2

1 12
1.8. Tinh téng cua 12 chii sé thap phan dau tién sau ddu phiy cua (1 J
J1° + 999999999° + 0,999999999°
1.9. Tinh 999999999

1.10. Tim m dé P(x) chia hét cho (x -13) biét P(x) = 4x5 + 12x4 + 3x3 + 2x2 - 5x
-m+ 7
Bai 2:
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- 2 2
1. Tinh | = \/ 1+ 9999999997 + 0,999999999

2. Cho P(x) = ax5 + bx4 + cx3 + dx2 + ex + f biét P(1) = P(-1) = 11; P(2) = P(-2)
- 47; P(3) = 107.
Tinh P(12)?
Bai 3:
| 2k+1
1.Chok=al +a2+a3+ +al00va  (K+K) Tinh k=2
2. Cho tam giac ABC véi 3 canh BC = 5,1123; AB = 3,2573; AC = 4,7428. Tinh
duong phan giac trong AD?

135 222
3. Tia phan giac chia canh huyén thanh hai doan 7 va 7 . Tinh hai canh géc
vuéng?
Bai 4:

. \3/17f 38 ( S5+ 2)
1. Tinh H = (3x3 + 8x2 + 2)12 v6i V5 +V14-6V5
2. Cho tam giac ABC véi 3 canh BC = 14; AB = 13; AC = 15. Goi D, E, F la trung
didm ciia BC, AC, AB va {Q} =BENFD;{R} =DFNFC;{P} =ADNEF. . ..
o AQ*+AR’ +BP* + BR* + CP* + CQ
AB? +BC*+AC?
3. Cho hinh thang vuéng ABCD, duong cao AB. Cho géc BDC = 900;Tim AB, CD,
AC véi AD=3,9672; BC=5,2896.
4. Choul =u2 = 7; un+1 = ul2 + un-12. Tinh u7=?
pé 5:
(Thi chon d6i tuyén TP Hé6 Chi Minh - 2003)
Bi 1) Tim sé nho nhit ci 10 chir sé biét ring sé di khi chia cho 5 du 3 ¢ khi chia
cho 619 du 237
Bi 2) Tim chir s6 hng don vi cia s6 : 172002
Bi 3) Tinh : a) 214365789 . 897654 (ghi két qua 6 dang sb tu nhin)
1 1
— 75—
b) 579 357 (ghi két qua o dang hdn sb )
c) 5322,666744 : 5,333332 + 17443,478 : 17,3913 (ghi két qua
& dang hdn sé )
Bi 4) Tim di tri cia m biét di tri cua da thic f(x) = x4 - 2x3 + 5x2 +(m - 3)x + 2m-
5taix = - 2,51 0,49.
Bi 5) Chit s6 thip phn tht 456456 sau diu phay trong php chia 13 cho 231 :
Bi 6)Tim di tri l6n nhit cia hm sb f(x) = -1,2x2 + 4,9x - 5,37 (ghi két qua gin dng
chinh £c t6i 6 chir s6 thap phn)
Bi 7) Choul = 17, u2 = 29 ¢ un+2 = 3un+1 + 2un (n > 1). Tinh ul5
Bi 8) Cho ngii dic déu ABCDE ci d% di canh bing 1.Goi 11 giao diém cua 2 duong
chio AD ¢ BE. Tinh : (chinh £c dén 4 chir sé thiap phn)
a) ¢ di duong cho AD
b) Dién tich cua ngii dic ABCDE :
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c) 6didoan IB :

d) 6 di doan IC :
Bi 9) Tim UCLN ¢ BCNN cua 2 s6 2419580247 ¢ 3802197531

Pé 6:
(Dé thi chinh thic nim 2002 cho hoc sinh Trung hoc Co s6)

Bi 1. Tinh di tri cua x tr €c phuong trinh sau:

Cu 1.1.
[0.5-12x D x-1.25x1.8): 2 +31) ;

? 53 s 72 =52:(25-2)

-2 (2ox42+

15,2%3,15 2 (22>< y 1,5%0,8)
Cu 1.2.

3 2 3 2 4
[(0,15 +0,35"): Bz +4, DI (G+2xT) 4

4 ?g 2 —3-:(1,2+3,15

2_3
12,5-=x2:[(0,5- 0,3x0,75): =
il x0,73: =]

Bi 2. Tinh di tri cua biéu thuc ¥ viét két qua dudi dang phin s6 hoic hdn s

Cu 2.1
A=3+ >
4
L
N 5
a2+
2+ 4
2+=
Cu 2.2.
34!
?.+_1
341
4.,
Bi 3.

Cu 3.1. Cho biét sin = 0,3456 ( 0" <= <307), Tinh:
cos® . (143’ &) —Hg}zz

(cos® c+sin’ @) cotg &

M=

Cu 3.2. Cho biét cos2 &= 0,5678 ( V7 <& <%0%), Tinh:

_ sinef 1+ cos @) + cos’ e 1+sin’ &)

N=
(I-*—th ei(i+cot ggcz}\fl +cost o

Cu 3.3. Cho biét €% = fg35".5536".f.g3?"....ﬁgﬁE"..ﬁgﬁB"( 0° <& <90°). Tinh:
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még%z(? + cos &) + cotgie(l + sin® &)

X T3 3 -
{sin” e +cos” e{l Fatn +oos )

Bi 4. Cho hai da thic: (=% +32 -4 +3x+mg O(x)=x* +4x° 32 +2x+n_

Cu 4.1. Tim di tri cia m, n dé &c da thirc P(x) ¢ Q(x) chia hét cho (x-2).
Cu 4.2. Xt da thuc R(x) = P(x) - Q(x) v¢i di tri cia m, n vira tim duoc, Ay
ching t6 ring da thuc R(x)chi ¢i mot nghiém duy nhit.

A4l — 4?:;;—-'_5
Bi 5. Cho dy sb £c dinh boi cong thuc %+l 11 s tu nhin, n >= 1.

Cu 5.1. Biét x 1 = 0,25. Viét qui trinh 4n phim lin tyc dé tinh duoc &c df tri
cua xn.

Cu 5.2. Tinh x100

Bi 6

Cu 6.1. Cho biét tai mot thoi diém gdc o di, dn s cia mot quic gia B1 a
ngudi ; ti 16 ting dn sé trung binh mdi nim cua quic gia di1 m%.

Hy Ry dung cong thuc tinh sé dn cia quéc gia B dén hét nam tha n.

Cu 6.2. Dn sb nuéc ta tinh ¢én nim 20011 76,3 triéu nguoi. Héi dén nim

2010 dn sb nudc tal bao nhiu néu ti I¢ ting dn s trung binh mdi naim1 1,2%?

Cu 6.3. Bén naim 2020, mudn cho dn sb nuéc ta ci khoang 100 triéu ngudi thi
ti 1¢ ting dn s6 trung binh mdi nim1 bao nhiu?

Bi 7. Cho hinh thang vuong ABCD ci:
AB = 12,35 cm, BC =10,55cm, <420 =57 (Hinh 1).

12,38

L]

57

Hinh 1

Cu 7.1. Tinh chu vi cia hinh thang ABCD.

Cu 7.2. Tinh dién tich cua hinh thang ABCD.

Cu 7.3.Tinh &c dic cin lai cua tam gic ADC.

Bi 8. Tam gic ABC ci gic B = 120 0, AB = 6,25 cm,
BC = 12,50 cm. buong phn dic cua gic B cit

AC tai D ( Hinh 2).

Cu 8.1. Tinh d6 di cua doan thing BD.

Cu 8.2. Tinh ti s dién tich cua &c tam gic ABD ¢ ABC.
Cu 8.3. Tinh di¢n tich tam dic ABD.
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r=Fm]

i sinh trong Rnoai tuye:s

taap dusng cho th

B

T

D
Einh 2

A

Bi 9. Cho hinh chir nhat ABCD. Qua dinh B, vé dudng vuong gic véi duong chio
AC tai H. Goi E, F, G thu ty1 trung diém cua €c doan thing AH, BH, CD (xem
hinh 3).

H

Hinh %

Cu 9.1. Ching minh tt gic EFCG1 hinh binh hnh.

Cu 9.2. Gic BEG1 gic nhon, gic vuong hay gic t? vi sao?
Cu 9.3. Cho biét BH = 17,25 cm, £FAC =380

Tinh dién tich hinh chir nhit ABCD.

Cu 9.4. Tinh 46 di duong cho AC.

Bi 10.

u 4 2 < ,
Cu 10.1. Cho da thic £ %= © tax' +0x +ox’ —dx+ f ¢ cho biét

P(1)=1, P(2)=4, P(3)=9 , P(4)=16, P(5)=15. Tinh & di tri cia P(6), P(7), P(8),
P(9).

Cu 10.2. Cho da thic 2(%1=x" +mx +25* +Px+4§ cho bict Q(1)=5, Q(2)=7,
Q(3)=9, Q(4)=11. Tinh & di tri Q(10) , Q(11) , Q(12) , Q(13).
bé 7:
(Chon d6i tuyén thi khu vuc Tinh Pha Tho - nam 2004)

Bai 1: Tim t4t ca cac s8 N c6 dang N = 1239679X4Y (hia hét cho 24.
Bai 2: Tim 9 cap hai sd tu nhién nhé nhat c6 tdng la bdi ctia 2004 va thuong
bing 5.

B . [%]+[i’/§]+....+[3(x3—1ﬂ=855
Bai 3: Giai phuong trinh
Bai 4: Cho P(x) la da thiic véi hé s6 nguyén cé gia tri P(21) = 17; P(37) = 33,
biét P(N) = N + 51.

Tinh N?

Bai 5: Tim cac s6 khi binh phuong sé c6 tan cung la 3 chit s6 4. C6 hay khong
cac so khi binh phuong cé tan cung la 4 chir s6 4?
Bai 6: C6 bao nhiéu s6 tu nhién la uéc N =
1890.1930.1945.1954.1969.1975.2004 nhung khéng chia hét cho 900?

=N
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Bai 7: Cho day sé tu nhién u0, ul, , c6 u0 = 1 va un+1.un-1 = kun.k la sé tu
nhién.

7.1. Lap moét quy trinh tinh un+1.

7.2. Cho k = 100, ul = 200. Tinh ul, , ulO.

7.3. Biét u2000 = 2000. Tinh ul va k?
Bai 8: Tim tét ca cac s6 c6 6 chir s6 théa man:

1. S6 tao thanh béi ba chii s6 cudi 16n hon sd tao thanh béi ba chit s6 dau
1 don vi.

2. La s6 chinh phuong.
Bai 9: V6i mbi sd nguyén duong c, diy s6 un dugc xac dinh nhu sau: ul = 1; u2

= c; un=(2n+’|)un_1-(n2-1)un_z, n>2. Tim c d€ ui chia hét cho ujvéi moii < j < 10.
Bai 10: Gia si f : N ---> N. Gia s rang f(n+1) > f(n) va f(f(n)) = 3n v6i moi n
nguyén duong. Hay xac dinh f(2004).
pé 8:
(Pé thi chinh thic thi khu vuc lan thi tu - nam 2004)

Bai 1: Tinh két qua dang cta cac tich sau:

1.1. M = 2222255555.2222266666

1.2. N = 20032003.20042004
Bai 2: Tim gia tri ctia x, y dudi dang phan s8 (hoic hén s8) tit cac phuong trinh
sau:

21. 4+ =
1+

Bai 3:

3.1. Giai phuong trinh (véi a > 0, b > 0): Va+bVT-x =1+a-bJ1-x

3.2. Tim x biét a = 250204; b = 260204.
Bai 4: Dan sd xa Hau Lac hién nay la 10000 ngudi. Ngudi ta du doan sau 2 nam
nita dan s6 xa Hau Lac 1a 10404 ngudi.

4.1. Héi trung binh méi ndm dén sé xa Hau Lac ting bao nhiéu phan tram.

4.2. Véi ti 1é tang dan s6 nhu vay, héi sau 10 ndm dan s6 xa Hau Lac la
bao nhiéu?
Bai 5: Cho AD va BC cung vudéng goc véi AB, AED = ECE, AD = 10cm, AE =
15cm, BE = 12cm. Tinh:

5.1. Tinh dién tich t& giac ABCD (SABCD) va dién tich tam giac DEC
(SDEC).

5.2. Tinh ti s6 phan tram SDEC va SABCD.
Bai 6: Hinh thang ABCD (AB // CD) c6 dudng chéo BD hop v6i BC mot goc bang
BAB. Biét AB = a = 12,5cm; DC = b = 28,5cm. Tinh:

6.1. b6 dai duong chéo BD.
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6.2. Ti s6 phan tram giita dién tich tam giac ABD va dién tich tam giac
BDC.
Bai 7: Cho tam giac ABC vudng tai A v6i AB = a = 14,25cm; AC = b = 23,5cm;
AM, AD thd tu la cac dudng trung tuyén va dudng phéan giac cia tam giac ABC.
Tinh:

7.1. D6 dai cac doan thang BD va CD.

7.2. Dién tich tam giac ADM.
Bai 8: Cho da thiic P(x) = x3 + bx2 + cx + d. Biét P(1) = -15; P(2) = -15; P(3) = -
9. Tinh:

8.1. Cac hé s6 b, c, d cia da thiic P(x).

8.2. Tim s6 du r1 khi chia P(x) cho x - 4.

8.3. Tim s6 du r2 khi chia P(x) cho 2x + 3.

(57 (-7
u, =
Bai 9: Cho day so 27 v6in=0,1, 2, 3,
9.1. Tinh u0, ul, u2, u3, ud.

9.2. Chitng minh rang un+2 = 10un+1 - 18un.
9.3. Lap quy trinh 4n phim lién tuc tinh un+2.

3+£j”+[3—\6

-2
2 2 J ,v6in=0,1, 2, .

Bai 10: Cho day s6 [
10.1. Tinh w0, ul, u2, u3, ud.
10.2. Lap cong thic tinh un+1
10.3. Lap quy trinh dn phim lién tuc tinh un+1.
bé 9:
(Pé du bi thi khu vuc 1an thd tu - nam 2004)
Bai 1: Giai phuong trinh

\/(x + 71267162 —52408x + 26022004) + \/(x +821431213—56406+/x + 26022004) -1

Bai 2: M6t ngudi gui tiét kiém 1000 déla trong 10 niam véi 1ai suat 5% nam. Hoi

ngudi d6 nhan dugc s6 tien nhiéu hon (hay it hon) bao nhiéu néu ngan hang tra
5

lai suat 129% thang (lam tron dén hai chii sé sau dau phay).

n)=

Bai 3. Ki hic q”hﬁﬂ o s s o
ai 3: Ki hiéu véin=1, 2,3, trong d6 la phan nguyén cua x.

Tim tat ca cac sé nguyén duong n sao cho q(n) > q(n + 1).

Bai 4:

4.1. Lap mét qui trinh tinh s Phibonacci u0 = 1; ul = 1; un+1 = un +
un+1.

4.2. Tu médt hinh chit nhat 324cm x 141cm cat nhitng hinh vuéng cé canh
la 141cm cho t6i khi con hinh chit nhat c6 canh la 141cm va mét canh ngin
hon. Sau d6 lai cat ti hinh chit nhat con lai nhiitng hinh vuéng cé6 canh bang
canh nhé cta hinh chit nhat d6. Tiép tuc qua trinh cho t6i khi khong cat dugc
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nita. Héi c6 bao nhiéu loai hinh vuéng kich thuéc khac nhau va dé dai canh cac
hinh vuéng ay.

4.3. V6i mdi sd ty nhién n, hay tim hai sé ty nhién a va b dé khi cit hinh
chit nhiat a x b nhu trén ta dugc diing n hinh vuéng kich thuéc khac nhau.
Bai 5: Pién cac sé ti 1 dén 12 1én mit déng hé sao cho bat ki ba sé a, b, ¢ nao
6 ba vi tri ké nhau (b nam giita a va c) déu théa man tinh chat: b2 - ac chia hét
cho 13.
Bai 6: Day s6 un dugc xac dinh nhu sau: u0 = 1; ul = 1; un+1 = 2un - un-1 + 2
véin=1, 2,3, .

6.1. Lap mét qui trinh tinh un.

6.2. V6i méi n = 1 hay tim chi sd k dé tinh uk = un.un+1.
Bai 7: Tim tit ca cac cap s6 nguyén duong (m,n) cé6 bén chit s6 théa man:

7.1. Hai chit s6 ctia m ciing la hai chit s6 ciia n & cac vi tri tuong ting. Hai
chit sé con lai cia m nhé hon hai chif s6 tuong ing ctia n ding 1 don vi.

7.2. m va n déu la sé chinh phuong.

Bai 8: Day sd {u”}du‘q'c tao theo qui tic sau: méi sé sau bang tich hai sé trudc
cong véi 1, bat dau tir u0 = ul = 1.
8.1. Lap mét qui trinh tinh un

8.2. C6 hay khéng nhiing s6 hang ciua day (U chia hét cho 4?

Bai 9: Tim nghiém nguyén ctia phuong trinh x/;+\/§ =1960 .
Bai 10: M6t s6 c6 6 chii s6 dugc goi la sé6 vudng (squarish) néu né6 théa man ba
tinh chat sau:
1. Khéng chia chit sé 0;
2. La s6 chinh phuong;
3. Hai chii s6 dau, hai chii s6 giiia va hai chii s6 cudi déu la nhiing s6
chinh phuong cé6 hai chit sé.
Héi c6 bao nhiéu s6 vudéng? Tim cac so ay.
bé 10:
(Pé chinh thic Hai Phong - nam 2003)
20032004 1
243 " 2
b+71
c+
d+ 1
Bai 1: Biét € . Tim cacchitsé a, b, c, d, e?

Bai 2: Tinh d6 dai cac canh a, b, c va ban kinh r cia duéng tron néi ti€p tam

giac a, b, ¢ lan lugt ti 1&é véi 20, 21, 29 va chu vi tam giac bang
49,49494949(m).
Bai 3: Cho tam giac ABC (AB < AC) c6 duong cao AH, trung tuyén AM chia géc
BAC thanh ba géc biang nhau.

a. Xac dinh cac gbéc cua tam giac ABC.

b. Biét d6 dai BC ~ 54,45 cm, AD la phan giac trong cua tam giac ABC. Ki
hiéu SO va S la dién tich hai tam giac ADM va ABC. Tinh SO va ti s6 phan tram
gitta SO va S?
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. 1 1
SiNX=— siny=——
Bai 4: a. Cho ‘/5, ‘/E.TinhA=x+y?
1 3

b. Cho 19~0,17632698 np, — sinx cosx ?
X, 2+3 . 2-3
Bai5: Cho  V2+V2+y3 2-y2-43
a. Tinh gia tri gan dang cta x0?
b. Tinh x = x0 - V2 va cho nhéan xét>
c. Biét x0 1a nghiém cua phuong trinh x3 + ax2 + bx - 10 = 0. Tim a,b <

Q?
d. Véi a, b vira tim dugc, hay tim cac nghiém con lai cia phuong trinh &
cau c?

, o (-

Bai 6: Cho 2\5
a. Tim ul, u2, u3, ud, ub.

b. Tim céng thiic truy héi tinh un+2 theo un+1 va un?

c. Viet mot qui trinh bAm phim lién tuc tinh un?
Bai 7: Cho da thic P(x) = x3 + ax2 + bx + c. Biét P(1) = -25; P(2) = -21; P(-3) = -
41.

a. Tim cac hé s6 cuia a, b, c cia da thic P(x).

b. Tim s6 du r1 khi chia P(x) cho x + 4.

c. Tim s8 du r2 khi chia P(x) cho 5x + 7.

d. Tim s6 du r3 khi chia P(x) cho (x + 4)(5x + 7)
Bai 8: Cho hinh thang ABCD cé6 canh day nhé la AB. P dai canh day 16n CD,
duong chéo BD, canh bén AD ciing bang nhau va biang p. Canh bén BC c6 d¢ dai
q.

a. Viét cong thiic tinh AC qua p va q.

b. Biét p ® 3,13cm, q~3,62cm. Tinh AC, AB va dudng cao h ctia hinh
thang.

bé 11:
(Pé du bi Hai Phong - nam 2003)

\3/17\@—38(\/5+2)

X =
Bai 1: Cho V5414645
a. Tim x
b. Tinh A = (3x8 + 8x2 + 2)25.
c. A viét duéi dang thap phan c6 bao nhiéu chit s6?

d. Téng cac chii sé cua A vira tim dugc la bao nhiéu?
Bai 2: C6 480 hoc sinh di du trai hé tai ba dia diém khac nhau. 10% sé hoc sinh
G dia diém mét, 8,5% s6 hoc sinh & dia diém hai va 15% s6 hoc sinh & dia diém
ba di tham quan dia danh lich si. DPia danh lich si cach dia diém mét 60km,
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cach dia diém hai 40km, cach dia diém ba 30km. P& tra du tién xa vdi gia
100d/1ngudi/1km, méi ngudi di tham quan phai dong 40004. Héi c6 bao nhiéu
nguodi 6 mdi dia diém di tham quan di tich lich su.
Bai 3: Cho tam giac ABC c6 dudng cao BD = 6cm, dd dai trung tuyén CE = 5cm.
Khoang cach ti giao diém BD véi CE dén AC bang 1cm. Tim dé dai canh AB?
Bai 4: Hinh thang ABCD (AB//CD) c6 AB ~ 2,511cm; CD ~ 5,112cm; @z 29015';
D ~ 60045'. Tinh:

a. Canh bén AD, BC.

b. Puong cao h cua hinh thang.

c. Puong chéo AC, BD.
Bai 5: Hai hinh chif nhat cat nhau:

a. Ki hiéu S1 = k2 la dién tich t& giac ANCQ; S2 la dién tich t& giac

S

BPDM. Tinh ti s§ >
b. Biét AB = 5cm; BC = 7cm; MQ = 3cm; MN = 9cm. Tinh k?

A B

Cch 1
Bai 6: Ngudi ta phai lam mét vi kéo bang sit. Biét AB ~ 4,5cm; BD 3; AM =
MD = DN = NB. Viét c6ng thiic va tinh 6 dai sat lam vi kéo biét hao phi khi san

xuat la 5% (lam tron dén mét).

Bai 7:
1
B:
\F111J1 1\/111
B e e B Y P ey
1. Cho 2\2 2V2\V2 " 2V2 2V2

a. Tinh gan dng B

T
b. Tinh 2
_ 2,0000004 o 2,0000002
9 a Tinh (1,0000004)” +2,0000004 (1,0000002)” +2,0000002
b. Tinh IC~ Dl

Bai 8: a. Tim céac sé tu nhién x, vy, z sao cho 3xyz - 5yz + 3x + 3z = 5.

— 51 —-



b. Viét qui trinh bAm phim tinh toan trén.
Bai 9: Biét phuong trinh x4 - 18x3 + kx2 - 500x - 2004 = 0 c6 tich hai nghiém
bang -12. Hay tim k?

pé 12:
(Pé hoc sinh giéi THCS tinh Thai Nguyén - nam 2003)
A=17+ 3 + 1

12 5
14— £ 2340

1 1

; 17+ — T+ -
Bai 1: a. Viét quy trinh tinh 2003 2003

b. Tinh gia tri cta A

15,2.0,25-48,51:14,7 (14_11‘66: S

X 3,2+0,8.(121—3,25j

13 2 5 5)7

Bai 2: Tim x biét:
_sin 34°36'-tan18°43' B_ tan4°26'36"—tan 77°41'
Bai 3: Tinh A, B biét: cos782" + cos1317" c0s67°12'-sin23°28'

. - X2 +1

Bai 4: Cho day sé xac dinh béi cong thiic " 3

a. Biét x1 = 0,5. Lap mot qui trinh bAm phim lién tuc dé tinh xn.

b. Tinh x12, x51.
Bai 5: Tim UCLN cua:

a. 100712 va 68954.

b. 191 va 473
Bai 6: Mgt tam giac c6 ba canh véi d6 dai la 30,735cm; 40,980cm; 51,225cm.
Tinh dién tich tam giac dé.
Bai 7: Cho P(x) = x4 + ax3 + bx2 + cx + d c6 P(1) = 0; P(2) = 4; P(3) = 18; P(4) =
48. Tinh P(2002)
Bai 8: Khi chia da thic P(x) = 2x4 + 8x3 - 7x2 + 8x - 12 cho da thic (x - 2) ta
dugc thuong la da thic Q(x) c6 bac la 3. Hay tim hé s6 cua x2 trong Q(x).
Bai 9: Viét qui trinh bAm phim tim thuong va sé du trong phép chia 123456789
cho 23456. Tim gia tri ciia thuong va sé du.
Bai 10: Tim tat ca cac u6c s6 cua - 2005.

bé 13:
(Pé chon d6i tuyén thi khu vuc tinh Thai Nguyén - nim 2003)
A 2 . 2 N 2
Bai 1: Tinh 0,19981998... 0,019981998... 0,0019981998...
Bai 2: Tim tit cd cac uéc nguyén té cua sd tim dugc & bai 1.
Bai 3: Phan nguyén cia x (la sé nguyén 16n nhat khéng vuot qua x) dugc ki hiéu
1a ], Tim (Bloise:

2

T
B_1+1+1+ +i
2 F 0
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Bai 4: Phuong trinh sau day dugc goi la phuong trinh Fermat:

n. Phat biéu bang 16i: Tim céac s6 c6 n chit sd sao cho téng

n n
XXy X, = X] + X5 + ...+ X

liiy thita bac n cta cac chii sd bang chinh sé ay.

Trong cac sé sau day, s6 nao la nghiém cta phuong trinh: 157; 301; 407; 1364;
92727; 93064; 948874; 174725; 4210818; 94500817; 472378975.

Bai 5: Mot ngudi mudn rang sau hai nam phai c6 20 000 0004 (hai muoi triéu
d6ng) dé mua xe may. Héi phai gii vao ngan hang mét khoan tién nhu nhau
hang thang la bao nhiéu, biét rang lai suat tiét kiém la 0,075% thang.

Bai 6: Tim tat ca cac nghiém cta phuong trinh x4 - 4x3 - 19x2 + 106x - 120 =
0.

Bai 7: Cho hinh chii nhat ABCD. Qua B ké duong vuéng géc véi duong chéo CA
tai H. Biét BH = 1,2547cm; BAC=37°2850", Tinh dién tich ABCD.

Bai 8: Cho tam giac ABC cé6 %21200, BC = 12cm, AB = 6cm. Phan giac trong cua
B cat canh AC tai D. Tinh dién tich tam giac ABD.

Bai 9: S6 211 - 1 la s6 nguyén té hay hop s6?

Bai 10: Tim UCLN cta hai s6 7729 va 11659.

bé 14:
(Pé thi hoc sinh giéi THCS tinh Thai Nguyén - nam 2004)

Bai 1: Tinh:

a.A=1,123456789 - 5,02122003

b. B =4,546879231 + 107,356417895
Bai 2: Viét cac s6 sau day duéi dang phan so tdi gian.

a.C=3124,142248

b. D = 5,(321)

100
Bai 3: Gia sit (1+x+x2) =8y +AX+EX+ o BeX e E=8) 48+ ..+ B0
1T 11 1 1 1 1 1

qua bang 1.
Bai 5: Cho m6t tam giac néi tiép trong dudng tron. Cac dinh ctia tam giac chia
duong tron thanh ba cung c6 d6 dai 3, 4, 5. Tim dién tich tam giac?
Bai 6: Tim s tu nhién a 16n nhat dé khi chia cac s6 13511; 13903; 14589 cho a
ta dugc cung mét so du.
Bai 7: Cho 4 s6 nguyén, néu cdng ba so bat ki ta dugc cac s6 la 180; 197; 208;
222. Tim s6 16n nhat trong cac s6 nguyén d6?
bé 15:

(Pé chon d6i tuyén thi khu vuc tinh Thai Nguyén - nim 2004)
Bai 1: Tim chit s6 thap phan thi 15 sau ddu phiy cua 42003 .
Bai 2: Tim chit s6 thap phan thi 2004 sau dau phay trong két qua cta phép
chia 1 cho 53?
Bai 3: Tinh 20120032.

— 53 --



Bai 4: Tim s6 hang nhé nhat trong tat ca cac s6 hang cua day n

200412642+ >
M=3 +\/7

Bai 5: Tinh \/2/_ -4

Bai 6: Cho S"(271522) (41 00 < x < 900. Tinh (SN2X+0085~tan7x): cosdx
Bai 7: Cho tam giac ABC c6 AB = 3,14; BC = 4,25; CA = 4,67. Tinh dién tich
tam giac cé dinh la chan ba duong cao cia tam giac ABC.
bé 16:
(Tap chi Toan hoc & tudi tré nam 2005)
Bai 1: Tim UCLN va BCNN cia hai s6 A = 1234566 va B = 9876546.
x?(3y —5z+ 4)+2x(y‘°’x2 —4)+2y2 +2-6
x(x2 +5y? —7)+z4 +8

Bai 2: Tinh gia tri cia biéu thic tai
X = 9. y= I z=4
4’ 2’

Bai 3: Tim cac sd nguyén duong x va vy sao cho x2 + y2 = 2009 va x > v.
Bai 4: Tinh gan dang (d6, phat, giay) goc A ctia tam giac ABC biét rang AB =
15cm, AC = 20cm va BC = 24cm.

A-lp-le
Bai 5: Tinh gan dang dién tich tam giac ABC biét rang 2 4 vaAB =
18cm.
Bai 6: Tinh gan dung gia tri cia biéu thic M = a4 + b4 + c4néua +b +c =3,
ab=-2,b2+c2=1.
Bai 7: Pa thic P(x) = ax4 + bx3 + cx2 + dx + e c6 gia tri bang 5, 4, 3, 1, -2 lan
lugt tai x = 1, 2, 3, 4, 5. Tinh gia tri cia a, b, ¢, d, e va tinh gan dung cac
nghiém cua da thiic d6.
Bai 8: Cho bon diém A, B, C, D, E trén dudng tron tam O ban kinh bing 1dm
sao cho AB la dudng kinh, OCLAB y3 CE di qua trung diém cta OB. Goi D la

trung diém cua OA. Tinh dién tich ctia tam giac CDE va tinh gan dang géc CDE
(d9, phat, giay).
Bai 9: T giac ABCD néi tiép dugc trong mot dudng tron va cé cac canh AB =
5dm, BC = 6dm, CD = 8dm, DA = 7dm. Tinh gan dng ban kinh dudng tron néi
tiép, ban kinh dudng tron ngoai ti€ép va géc 16n nhat (46, phut, gidy) cia ti giac
dé.
1 1

Bai 10: Day s6 ) dugc xac dinh nhu sau: 2 oo T3P 5% G me

: Day sé oc xac di sau: v o
neN’ | Tinh téng cta 10 s6 hang diu tién cta day sé d6.

22— Tx+1

Bai 11: Tinh gan dang gia tri nhé nhat va 16n nhait ctia phan thic x*+4x+5
Bai 12: Tim nhém ba chit sd cudi cung (hang tram, hang chuc, hang don vi) cia
sg: P+2°+3"+..+14° +15"°
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Bai 13: Tinh gan dang g6c nhon x (46, phat, gidy) néu
sinx.cosx +3(sinx —cosx ) = 2

Bai 14: Piém E nam trén canh BC cua hinh vuéng ABCD. Tia phan giac cua cac

géc EBD, EAD cat cac canh BC, CD tuong ting tai M, N. Tinh gan ding gia tri
MN MN_6

nhé nhat cta ti s6 AB . Tinh gan diang (46, phat, gidy) goc EAB néu AB 7,

Bai 15: Hai dudng tron ban kinh 3dm va 4dm tiép xic ngoai véi nhau tai diém

A. Goi B va C la cac tiép diém cua hai duong tron d6 véi mét tiép tuyén chung

ngoai. Tinh gan dang dién tich cia hinh giéi han béi doan thing BC va hai cung

nhé AB, AC.

pé 17:
(Tap chi Toan hoc tudi tho 2 thang 1 nam 2005)
Bai 1: Tinh gia tri cla biéu thuc
M =(12-6V3) / —3J J2J3+4 )+2 4423
Bai 2:

2.1. Tim gan dang (dén 10 chii sd) tat cd cac nghiém thuc ctia phuong
trinh bac ba:
a)8x®-6x-1=0 b)x® +x2 —2x—-1=0 c)16x°—12x—~/10+2/5 =0

2.2. Trong cac phuong trinh trén, phuong trinh nao c6 nghiém hiiu ti.
Chiing minh?

2.3. Tinh chinh xac nghiém cua cac phuong trinh trén duéi dang biéu thiic
chita can.
Bai 3:

3.1. Day s6 %8 dugc xay dung nhu sau: Chii s8 2 1a téng cac
chit s6 trong co s6 10 ctia 2. Hay chon 5 s6 bat ky (cé s8 chii s6 1an lugt 1a 6,
7, 8, 9, 10) va thuc hién quy trinh trén. Diéu gi xay ra? Hay chitng minh nhéan
dinh ay?

3.2. Day s6 2% ¢ tinh chat: Chit s ' la téng binh phuong cac

chit s6 trong co s6 10 cta & . Hay chon 5 s6 bat ky (cé s8 chii s6 1an lugt 1a 6,
7, 8, 9, 10) va thuc hién quy trinh trén. Diéu gi xay ra? Hay chitng minh nhéan
dinh ay?
Bai 4:

4.1. Tim 11 sé tu nhién lién ti€p cé6 tdng binh phuong cua chiing la mét s6
chinh phuong.

4.2. C6 hay khéng n s6 tu nhién lién ti€p (2< n < 11) c6 téng binh phuong
cta ching la mé6t sé chinh phuong?
Bai 5: Tim mé6t s6 tu nhién cé tinh chat: Néu viét lién tiép binh phuong va lap
phuong ctua né, sau dé6 dao ngugc sé nhan dugc thi ta nhan dugc sé la liy thua
bac sau cua sd ban dau.
Bai 6: M6t ham f: N ----> N cho méi s6 tu nhién n mét gia tri f(n) ciing la sd tu
nhién, theo coéng thic f(f(n)) = f(n) + n.
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6.1. Hay tim hai ham s6 f: R ---> R sao cho f(f(x)) = f(x) + x véi moi x.
6.2. Chiling minh rang khong c6 cac ham sé khac théa man.

pé 18:
(Tap chi Toan hoc tudi tho 2 thang 02 nam 2005)

A:Jm /%36_ [ea7
Bai 1: Cho 27 27

1.1. Tinh trén may gia tri caa A.

1.2. Tinh chinh xac gia tri caa A.
Bai 2: M6t ngudi mua nha tri gia hai tram triéu dong theo phuong thiic tra goép.
Mbi thang anh ta tra ba triéu dong.

2.1. Sau bao lau anh ta tra hét sé tién trén.

2.2. Néu anh ta phai chiu lai suat cta sé tién chua tra la 0,04% thang va
mdi thang ké tif thang thi hai anh ta van tra ba triéu thi sau bao lau anh ta tra
hét sd tién trén.
Bai 3: Piém kiém tra mén toan & 16p 9A va 9B dugc thong ké nhu sau (n la diém
s3, trong bang la sé hoc sinh dat diém n):

n | 3,4 |5/ 678|910
9A1 3 | 2 |7 |7 9 5|4 4
9B/1 |13 |15/10/9 |1 |1

3.1. Tinh diém trung binh ctia mén hoc cua hai 16p. Tinh phuong sai va dé
léch tiéu chuan?
3.2. Goi 3, 4 1a diém yéu; 5, 6 1a diém trung binh; 7, 8 la diém kha va 9,
10 la diém gidi. Tinh ti 1& phan trim sé hoc sinh dat diém yéu, trung binh, kha,
gioi cua hai 16p. Két luan?
Bai 4:
17 1 1

—+—+...+—=1

n n n, Ng

4.1. Tim chin s8 1é duong khac nhau "'"2-~Mthéa man

4.2. Ton tai hay khong sau, bay, tam sd 1é duong c6 tinh chat trén?

Bai 5:

5.1. Chiing minh rang phuong trinh Pell x2 - 2y2 = 1 chi c6 nghiém
nguyén dang: xn = 3xn-1 + 4yn-1; yn = 2xn-1 + 3yn-1véin =1, 2, va x0 = 3;
v0 = 2.

5.2. Lap mét qui trinh tinh (xn; yn) va tinh véin = 1, 2, cho téi khi tran

man hinh.
Bai 6: Cho mét ngii giac déu c6 canh d6 dai la al. Kéo dai cac canh cua ngii
giac dé dugc ngdi sao niam canh c6 musi canh c6 d6 dai la bl. Cac dinh cua
ng6i sao lai tao thanh mét da giac déu méi. Ti€p tuc qua trinh nay dugc mot dat
ngii giac déu va ngdi sao 16ng nhau. Xét day: S={ab1,8, 0,1 = {1, G, Gy .

6.1. Chiing minh rdng moi phén ti ctia diay S la téng cuia hai phan ti ding
truéc no.
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6.2. Chiing minh ring Co=UnoBtUD yai un 1a s6 hang cua day

Phibonacci, tic la day F={11235 Uy, =U, + U,

6.3. Biet al = 1. Lap mé6t quy trinh trén may Casio tinh an va bn. Tinh an

va bn cho t6i khi tran man hinh.
bé 19:
(Tap chi Toan hoc tudi tho 2 thang 03 nam 2005)

Bai 1: Cho hai s6 a = 3022005 va b = 7503021930

1.1. Tim UCLN va BCNN cta hai sé a, b

1.2. Lap m6t qui trinh bAm phim lién tuc tinh UCLN(a,b)

1.3. Tim s6 du khi chia BCNN(a,b) cho 75.
Bai 2: Cho x1000 + y1000 = 6,912 va x2000 + y2000 = 33,76244. Tinh x3000
+ v3000.
Bai 3: Tinh va viét két qiia dué6i dang phan sé:

1 32. B=5+ 11
31. A=1+ 1+
2 1
24— 44— —
3 1

3+——F— 3+ -

4 1
8+ 1
5+— 2+—
7

3 [ 3 /
Bai 4: Tim x, v nguyén duong théa man phuong trinh: Y~ \/18+ x+1 +‘/18_ x+1,

Bai 5: Cho day so {b”}du‘QC xac dinh nhu sau: bn+2 = 4bn+1 - bn; bl = 4, b2 =
14.
5.1. Chling minh rang dién tich tam giac véi cac canh la bk-1, bk, bk+1 la
nhiing s nguyén.
5.2. Chiing minh rang ban kinh dudng tron néi ti€p tam giac dugc tinh
3 :L[(zm)k _(z_ﬁ)k}
theo céng thiic 23
Bai 6:
6.1. Bao nhiéu s8 c6 tam chir s6 tao thanh ti& cac chit s6 2 va 5 ma hai
chit s6 2 khong diing canh nhau.
6.2. Bao nhiéu sé c6 chin chit s tao thanh ti cac chif s6 2 va 5 ma hai
chit s6 2 khong diing canh nhau.
6.3. Bao nhiéu s6 c6 mudi chit s6 tao thanh ti cac chit s6 2 va 5 ma hai
chit s6 2 khong ditng canh nhau.
bé 20:
(Sé GD -DT Ha Néi - 1996)
7
Bai 1: Timx vix = V> '8

Bai 2 : Giai phuong trinh : 1,23785x2 +4,35816x - 6,98753 = 0
22g25phl8gix2,6+ 7g47ph35gi

Bai 3 : Tinh A biét : A = 9g28phl 6gi
Bai 4 :
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tuyean

nNnoai

Bai 4.1. Tim géc C ( bang 46 va phut ) cia tam giac ABC biét a = 9,357m;
b=6,712m; c = 4,671m

Bai 4.2. Tim d6 dai trung tuyén AM cta tam giac ABC.

Bai 4.2. Tinh ban kinh dudng tron ngoai tiép tam giac ABC.

Bai 5. Pon gian biéu thic sau : i/9+4*/§ +i/9_4*/§

Bai 6 : S6 tién 580004 dugc gti tiét kiém theo 1ai kép ( Sau mbi thang tién lai
dugc nhap thanh vén). Sau 25 thang thi dugc ca vén 1an 1ai la 84155d. Tinh
lai suat / thang (tién lai cia 100d trong 1 thang).

Bai 7 : Cho s6 liéu :

Bién lugng 135 | 642 498 | 576 | 637
Tan sé 7 12 23 14 |11

Tinh t6ng s6 liéu, s8 trung binh va phuong sai 5, (6n2 lay 4 s6 1é).
Bai 8 : Cho tam giac ABC c6 B=49'72; C=73"52 Canh BC = 18,53 cm. Tinh
dién tich.
Bai 9 : Tim mét nghiém gan ding ( 14y hai sé 1é thap phéan) ciia phuong trinh :

X2 + sinx-1=0

Bai 10 : Tim mét nghiém gan ding ctia phuong trinh : x2 + 5x - 1 = 0.
Bai 11 : Tinh khoang cach giita hai dinh khéng lién ti€p ciia mot ngéi sao 5
canh noi tiép trong dudng tron ban kinh R = 5,712.
Bai 12 : Cho cosA = 0,8516; tgB = 3,1725; sinC = 0,4351 (A, B, C nhon). Tinh
sin (A + B -C)
Bai 13: Timndén! < 5,5.1023 < (n + 1!)

pé 21:
(Vong chung két Sé GD - PT Ha Noéi - 1996)
3X5—2X4+3X3—X+1
Bai 1: Tinh A = 4x3x243x+5  khix = 1,8165

Bai 2 :

Bai 2.1 : Cho tam giac ABC c6 a = 8,751m; b = 6,318m; c = 7,624m. Tinh
duong cao AH ba ban kinh r ctia dudng tron néi tiép.

Bai 2.2 : Tinh duodng phan giac trong AD cua tam giac ABC.

3 3

X—2sin~ X+Ccos X
3

8cos
Bai 3 : Cho tgx = 2,324 ( 00 < x < 900). Tinh A = 2c0sx+sin
Bai 4 : Cho tam giac ABC c6 chu vi la 58cm, B=5718 ; C=8235 . Tinh d6 dai
cac canh AB, BC, AC.
Bai 5 : Cho cosx = 0,81735(0 < x < 90) Tinh : sin3x va cos7x
Bai 6 : Tinh bang ( 46 va phat) géc hgp béi hai duong cheo cua ti giac 16i noi
tiép dugc trong dudng tron va cé caccanhla:a=5,32;b=3,45;c= 3,69 ;
d = 4,68.

x+sin2 X

dusng cho thi sinh trong
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Bai 7: C6 100 ngudi dap 60m dé chéng lii, nhém dan 6ng dap 5m/ngudi,
nhém dan ba dap 3m/nguoi, nhém hoc sinh dap 0,2m/ngusi. Tinh s8 ngudi
ctia méi nhém.

Bai 8 : Tim nghiém gan ding ctia phuong trinh x2 -tgx -1 = 0 (14y 3 s6 18)
Bai 9 : Tim mét nghiém gan ding ciia phuong trinh x2 - Ix - 1=0

Bai 10 : Tim nghiém gan ding cta phuong trinh x6 - 15x -25 =0

vl

2 . Tinh

‘Vl +V,

v,

v
Bai 11 : Hai vecto ' va "2 ¢é ‘ 1‘ =12,5;

=8 va

goéc("1 ,V2) biang 46 va phut.
Bai 12 : Tim mét nghiém gan diung cta phuong trinh : X9 +x-10 =0
Bai 13 : Tim nghiém gan dung ctia phuong trinh : x3 - cosx = 0

T
Bai 14 : Tim mét nghiém gan ding ctia phuong trinh x - cotgx =0 (0 <x < 2

bé 22:
(Sé GD - BT Thanh Héa - 2000)

Bail:

Bai 1.1 : Cho tam giac ABC vudng tai A véi AB = 3,74, AC = 4,51. Tinh
duong cao AH.

Bai 1.2 : Tinh géc B cua tam giac ABC bang d6 va phat.

Bai 1.3 : Ké duong phan giac cua goc A cua tam giac ABC cat BC tai I.
Tinh Al.
Bai 2: Cho ham s6 v = x4 + 5x3 - 3x2 + x - 1. Tinh vy khi x = 1,35627.
Bai 3 : Cho Parabol (P) c6 phuong trinh : y = 4,7x2 - 3,4x - 4,6. Tinh toa 40
(xo0 ; yo) cua dinh S cua Parabol.

3h47ph55gi+ Shl 1ph45gi

Bai 4 : Tinh B = 6h52phl7gi
3x° —2x* +3x2—x+1
Bai5:Tinh A= 4xX’-x’+3x+5 Khix = 1,8156

Bai 6 : Cho sinx = 0,32167 (0o < x < 900 ). Tinh A = cos2x - 2sinx- sin3x

8cos’ x —2sin’ X + cos X
Bai 7: Cho tgx = 2,324. Tinh A = 2cosx —sin’x +sin’x
3 2cos’ x —5sin 2x +3tg’x

— 2
Bai 8: Cho sinx = 5. Tinh A = \/Stg 2x +6cotgx
Bai 9: Tinh a dé x4 + 7x3 + 13x + a chia hét cho x6.
Bai 10 : Giai phuong trinh : 1,23785x2 + 4,35816x - 6,98753 =0

Bai 13 : Tim mét nghiém gan ding cta phuong trinh : x - Vx = 1

X 20,681 0
Bai 14 : Giai hé phuong trinh Y %y
x> +y'=19,32
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Bai 15 : Dan s6 mét nuéc la 65 triéu. Mic ting dan s6 1 nam la 1,2%. Tinh
dan sé nuéc ay sau 15 nam.
bé 23:
(S6 GD - BT Thanh Héa - 2000)

Bail:

Bai 1.1 : Cho tam giac ABC ( 900 < x < 1800) va sinA = 0,6153 ; AB =
17,2 ; AC = 14,6. Tinh BC

Bai 1.2 : Tinh d6 dai trung tuyén AM cua tam giac ABC.

Bai 1.3 : Tinh géc B ctia tam giac ABC bang d6 va phut.
Bai 2 : Cho Parabol (P) c6 phuong trinh : v = 4,7x2 - 3,4x - 4,6. Tim toa d6
(x0; vo) cua dinh S cua Parabol.

§1,815.2,732°
Bai 3:TinhA= V4021
cos’ X —sin” x +2

Bai 4: Cho cosx = 0,7651 (00 < x < 900). Tinh A = cosx—sin’x

3 2cos” x —5sin 2x +3tg’x
< 2
Bai 5: Cho sinx = 5. Tinh A = \/Stg 2x +6cotgx
3 5log, x +2(log, x)* +3log, 2x

Bai 6: Cho VX = 5 . Tinh A=  V12(log, 2x)° +4log, 2x
Bai 7 : Tinh A dé x4 + 7x3 + 2x2 + 13x + a chia hét chox + 6
Bai 8 : Dan s6 mét nuéc la 65 trieu. Mic tiang dan s6 1 nidm la 1,2%. Tinh

dan sé nuéc ay sau 15 nam.

=0,681

< |

*+y*=19,32

b

Bai 9: Giai hé phuong trinh :
Bai 10 : Tim nghiém ctia phuong trinh :x - Vx—-1=13
Bai 11 : Tim nghiém gan ding ctia phuong trinh : 8x3 + 32x - 17 =0

T
Bai 12 : Cho 0 < x < 2. Tim mét nghiém gan dang cta phuong trinh cosx -
tgx = 0.

bé 24:
(S6 GD - PT Pé6ng Nai - 1998)
Bai 1 : Giai phuong trinh (ghi két qua da 9 s6 1é thap phéan) : 2,354x2 -
1,542x-3,141 =0
Bai 2 : Gidi hé phuong trinh % hi két qua di 9 s6 1é thap phan) :
372x — 4,015y = 3.123

{ 8,368x + 5,214y = 17,318
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x® —6,723x> +1,875x* —6,458x + 4,319
x+2,318

Bai 3 : Tim s6 du trong phép chia :
Bai 4 : Mot ng6i sao nam canh cé khoang cach giita hai dinh khéng lién tiép
la 9,651. Tim ban kinh dudng tron ngoai ti€p qua 5 dinh ).
Bai 5: Cho © la géc nhon c6 sin® = 0,813. Tim cos 5.
Bai 6: Tim thoi gian dé mét dong ti di chuyén hét doan duong ABC dai 127,3
Km biét AB = 75,5km va dugc di chuyén véi van téc 26,3km/gid va doan BC
dugc di chuyén bing van téc 19,8km/gid. %ﬁ =2,317
Bai 7 : Cho x, v lahai s6 duong, giai hé phuong trinh
X -y =1,654

Bai 8 : Cho tam giac ABC vuéng tai A véi AB = 15, BC = 26(cm). Ké duong
phan giac trong BI (I ndm trén AC) . Tinh IC.
Bai 9 : Tinh (Két qua dugc ghi biang phan s6 vasd thap phan) : A =
3g + 25—81 - 45—21

52 7 23
Bai 10 : Cho sé liéu :

Sé lieu 173 52 81 37
Tan so 3 7 i | 5

o 2 2
Tim s8 trung binh X, phuong sai cyx(cyn)( Két qua lay 6 so 1é)
/816,13
17
Cau 11 : Tinh B = V712,35
Cau 12 : Tim mét nghiém gan ding ctia phuong trinh : x3 + 5x -2 = 0
64729 —2¢58""38¢
Cau 13: Tinh C = 1¥31742#3
Cau 14 : Tim mét nghiém gan dang cia phuong trinh : x + Yx-2=0

Cau 15 : Cho hinh thang can cé hai duong cheo vuéng géc véi nhau. Pay nho
dai 15,34, canh bén dai 20,35cm. Tim dé dai day 16n.
bé 25
(Vong chung két Sé GD - PT Pong Nai - 1998)

Bai 1 : Giai phuong trinh (ghi két qua du 9 s6 1é thap phan) : 2,354x2 -
1,542x - 3,141 =0
Bai 2 : Giai hé phuong trinh (ghi két qua da 9 sé 1é thap phéan) :

1,372x—-4,915y =3,123

{8,368){ +5,214y=7,318

X5 —6,723%5+1,875x 2 —6,458x+4,319

x+2,318

Bai 3 : Tim s6 du trong phép chia :
Bai 4 : M6t ngdi sao nam canh c6 khoang cach giita hai dinh khéng lién tiép
la 9,651. Tim ban kinh dudng tron ngoai ti€p qua 5 dinh ).

Bai 5: Cho © la géc nhon c6 sin® = 0,813. Tim cos 5.

Bai 6 : Cho tam giac ABC c6 ba canh a =8,32 ;b= 7,61; c = 6,95 (cm). Tinh
goc A bang d6, phuat, giay:
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Bai 7 : Cho x, vy lahai s6 duong, giai hé phuong trinh

Bai 8 : Cho tam giac ABC vuéng tai A véi AB = 15, BC = 26(cm). Ké duong
phan giac trong BI (I nam trén AC) . Tinh IC.

Bai 9 : Tim nghiém gan ding ctia phuong trinh : X9 +x -7 =0

Bai 10. Cho s6 liéu :

Sé6 liéu 173 52 81 37
Tan so 3 7 i | 5

— 2 2
Tim s6 trung binh X, phuong sai cSx(cn)( Két qua lay 6 s6 1é)

n3\/816,137
17
Cau1l:Tinh B= V71235

Cau 12 : Tim mét nghiém gan ding ctia phuong trinh : x3 + 5x -2 = 0
Céau 13 : Cho tam giac ABC c6 ba canh a = 15,637 ; b = 13,154; c = 12,981
(cm). Ba duong phén giac trong cat ba canh tai A1, A2, A3 Tinh dién tich cta
tam giac A1A2A3
Cau 14 : Tim mét nghiém gan ding ctia phuong trinh : x + d2-2=0
Cau 15 : Cho hinh thang can céa hai duong cheo vuéng géc véi nhau. Pay nhé
dai 15,34, canh bén dai 20,35cm. Tim dé dai day 16n.
bé 26
(Sé6 GD - BT TP. H6 Chi Minh - 1998)
Bai 1 : Tim s6 du trong phép chia : (Két qua lay 3 s6 1¢é )
"ox? —x’+x +x-723
: x—1,624
Bai 2 : Giai Phuong trinh (ghi két qua 7 s6 1é): 1,9815x2 + 6,8321x + 1,0518
=0
Bai 3 :
Bai 3.1 : Cho tam giac ABC c6 3 canh a=12,357; b= 11,698; c = 9,543
(cm). Tinh d6 dai dudng trung tuyén AM.
Bai 3.2 : Tinh sinC
Bai 4 : Cho cosx = 0,8157. Tinh sin3x (00 < x < 900)
Bai 5 : Cho 00 < x < 900 vasinx = 0,6132. Tinh tgx.

Bai 6 : Tim nghiém gan dung ctia phuong trinh : 3x - 2/x-3=0 .

X

8
Bai 7 : Mot cdp s6 nhén c6 s6 hang dau ul = 1,678, cong béi q = 9. Tinh
tong Sn cuia 17 sé hang dau tién (két qua 1ay 4 s6 18).
Bai 8 : Qua ky thi, 2105 hoc sinh x&p theo diém sd nhu sau. Hay tinh ty 1&
phan tram (1dy mét s 1é) hoc sinh theo tiing loai diém. Phai &n it nhat may
lan phim chia dé dién xong bang nay v6i may tinh Casio cé hién K.
Piém 0 1 2 3 4 5 6 7 8 9 10
Sé 27 | 48 | 71 | 293 308 | 482 | 326 | 284 179 | 52 | 35
h/s
Tile

—62 -



Bai 9 : Cho hinh thang can c6 hai duoéng cheo vudéng géc véi nhau. Pay nhé
dai 13,72. Canh bén dai 21,867cm. Tinh dién ftiéh- S {$71ay 4 s8 18).
Bai 10 : Cho x,v la hai s6 duong, giai hé phu‘o’n% %rinzh :

X -y =1,654
Bai 11 : Cho tam giac ABC c6 ban kinh dudng tron ngoai ti€p va néi tiép lan
lugt la 3,9017 va 1,8225 (cm). Tim khoang cach giita hai tam cua hai duong
tron nay.
Bai 12 : Cho tam giac ABC c¢6 cac canh a = 7,615; b = 5,837; c = 6,329 (cm)
Tinh duong cao AH.

bé 27
(Vong chung két Sé GD - BT TP. H6 Chi Minh - 1998)
Bai 1 : Giai phuong trinh (ghi két qua da 9 s6 1é thap phén)
2,3541x> +7,3249x +4,2157=0
Bai 2: Giai hé phuong trinh (ghi két qiia du 9 s6 1é thap
3,6518x—5,8426y =4,6821

phan): {1,4926){ +6,3571y =—-2,9843

Bai 3: Giai phuong trinh (tim nghiémgan ding) : x3 + 2x2-9x +3 =0

Bai 4 : Cho hinh chép ti giac déu S.ABCD , biét trung doan d = 3,415(cm).
Goc giiia hai canh bén va day biang 42017’. Tinh thé tich.

Bai 5:

Bai 5.1 : Cho tam giac ABC c6 canha =12,758; b = 11,932; c = 9,657(cm).
Tinh d6 dai duong phan giac trong AD.

Bai 5.2 : Vé cac duong phéan giac trong CE, CF. Tinh dién tich S1 cua tam
giac DEF.

Bai 6 : Tim mét nghiém gan ding ctia phuong trinh : x3 - 2xsin(3x-1) + 2 = 0.
Bai 7 : Cho tif giac ABCD néi tiép trong mét dudng tron ban kinh R véi canh a
= 3,657; b= 4,155; c = 5,651; d = 2,765(cm). Tinh R.

Bai 8 : Tim nghiém 4m gan dang ctia phuong trinh :x10 - 5x3 + 2x -3 =0
Bai 9 : Tim mét nghiém gan ding ctia phuong trinh :

Bai 10 : Cho tam giac ABC c6 ban kinh duéng tron ngoai tiép R = 7,268 (cm)
cac goc B = 48030’; C = 63042’. Tinh dién tich tam gac ABC.

Bai 11 : Cho td giac 16i ABCD cé cac canh 1a 18, 34, 56, 27 (cm) va B+D =
2100. Tinh dién tich t& giac.

Dé 28

(Thanh doan thanh nién két hop v6i S6 GD&DT TP H6 Chi Minh 24.11.1996)
(1,345)* (3,143)

Bail:Tinhx= V(8.3

Bai 2 : Gidi phuong trinh : 1,85432x2 - 3,21458x - 2,45971 = 0
3x° = 2x* +3x* —x +1

Bai3:Tinh A= 4 -x’+3x+5 Khix = 1,8156

Bai 4 : Cho s6 liéu :
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Bién lugng | 135 | 642 498 | 576 | 637
Tan sé 7 12 23 14 |11

Tinh t6ng s6 liéu, s8 trung binh va phuong sai 5, (Sn2 lay 4 s6 1é).
Bai 5 : Hai luc F1 = 12,5N va F2 = 8N c6 hop luc bang trung binh cdng ciia
chiing. Tim géc hop béi hai luc &y (Tinh bang d6 phut)
Bai 6: M6t viéen dan dugc bin ti nong siung theo goc 40017’ d3i véi phuong
nam ngang vé6i van téc 41,7m/s. Cho g = 9,81m/s2, hay tinh khoang céach tu
noi bin dén ché dan roi.
Bai 7 : Tinh dé cao cua vién dan dat dugc & cau 6
Bai 8 : Cho cosA = 0,8516; tgB = 3,1725; sinC = 0,4351 ( ba gé6c déu nhon).
Tinh sin(A+ B-C).
Bai 9: Timn dé n! < 5,5.1028 < (n+1)!
Bai 10 : M6t sd tién la 580000d dugc gtii tiét kieém theo 1ai kép (sau mébi
thang tién 1ai dugc cong thanh vén) sau 25 thang thi dugc ca von lan lai la
84155d. Tinh lai suit /thang (tién 1ai cia 1004 trong mét thang).

Bai 11 :
Bai 11.1 : Cho tam giac ABC c6 a = 8,751m; b = 6,318m; c = 7,624m. Tinh
duong cao AH ba ban kinh r ctia dudng tron néi tiép.
Bai 11.2 : Tinh duong phin giac trong AD cua tam giac ABC.
Bai 12 : Tim mét nghiémgan ding ctia phuong trinh : x2 + sinx -1 =0
Bai 13 : Tim mét nghiémgan ding ctia phuong trinh : 2x3 + 2cosx + 1 = 0
Bai 14 : Tinh khoang cach giita hai dinh khéng lién ti€p ciia mét ngéi sao 5
canh nébi tiép trong dudng tron ban kinh R = 5,712.
Bai 15 : Cho tam giac ABC c6 B=49'72; C=73'52 Canh BC = 18,53 cm. Tinh
dién tich.
Bai 16 : M6t vien dan dugc budc chat vao mét sgi day dai 0,87m. Mot nguoi
cam dau day kia ctia day phai quay bao nhiéu vong trong mét phit néu sgi
day vé nén hinh nén c6 dudng sinh tao véi phuong thing ding 1 géc la
52017’. Biét g = 9,81m/s2.
bé 29

(Thanh doan thanh nién két hop v6i S6 GD&DT TP H6 Chi Minh 24.11.1996.

Vong chung két)
Bai 1 : Giai phuong trinh tim nghiém gan ding : x3-7x +4 =0

Bai 2 : Cho tam giac ABC c6 chu vila 58cm, B=57"18 ; C=82'35 . Tinh 46 dai
cac canh AB, BC, AC.

Bai 3 : Mot hinh vuéng dugc chia thanh 16 6 (mdi canh 4 6). O thd nhat dugc
dat mot hat théc, 6 thi hai dugc dat 2 hat , 6 thi ba dugc dat 4 hat, . . . .va
dit lién ti€p nhu vay dén 6 cudi cing(O tiép theo gap d6i 6 trudc). Tinh téng
hat théc dugc dat vao 16 6 hinh vudng.

Bai 4 : M6t vat trugt c6 ma sat trén miat phing nghiéng géc 43025’ so véi
mét nam ngang véi gia toc 3,248m/s2. cho g= 9,81m/s2. Tinh hé s6 ma sat.
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tuyean

Bai 5: C6 100 ngusi dap 60m dé chéng lii, nhém dan 6ng dap 5m/ngudi,

nhém dan ba dap 3m/nguoi, nhém hoc sinh dap 0,2m/ngusi. Tinh s8 ngudi

ctiia méi nhém.

Bai 6 : Cho cosx = 0,81735(0 < x < 90) Tinh : sin3x va cos7x

Bai 7 : Tim mét nghiém gan dang ctia phuong trinh x2 -tgx -1 = 0 (1ay 3 s6

I ox<0

le)( 2 )

Bai 8 : Tinh gia tdc roi tu do 6 dd cao 25km biét ban kinh trai dat R =

64000km va gia toc g = 9,81m/s2.

Bai 9 : Cho -1 < x < 0. Tim mét nghiém gan diing cia phuong trinh : cosx +

tg3x = 0.

Bai 10 : Tim mét nghiém gan ding ctia phuong trinh : 2cos3x - 4x -1 = 0.
8cos’ x —2sin’ x +cos x

Bai 11 : Cho tgx = 2,324. Tinh A = 2cosx—sin’ x +sin’ x

Bai 12 : Tim mé6t nghiém cta phuong trinh : Vx+34-x-3=1

Bai 13 : Tim mét nghiém gan ding cta phuong trinh x6 - 15x - 25 =0

Bai 14 : Tim mét nghiém gan ding ctia phuong trinh x2 -x2 +7x +2 =0
Bai 12 : Tinh bang ( d6 va phat) géc hop béi hai duong cheo cua ti giac 16i
ndi tieép dugc trong dudng tron va cé6 caccanhla:a=5,32;b=3,45;c =
3,69 ;d=4,68.
Bai 14 : Tim mét nghiém gan dang ctia phuong trinh x2 - Ix . 1=0
bé 30
(Thanh doan thanh nién két hop v6i S6 GD&DT TP H6 Chi Minh 24.11.1996.
Vong chung két)

Bai 1 : Tinh thé tich V ctia hinh cdu ban kinh R = 3,173.
Bai 2 :

Bai 2.1 : Cho tam giac ABC vudng tai A véi AB = 3,74, AC = 4,51. Tinh
duong cao AH.

Bai 2.2 : Tinh géc B cua tam giac ABC bang d6 va phat.

Bai 2.3 : Ké duong phan giac cua goc A cua tam giac ABC ciat BC tai I.
Tinh Al.
Bai 3 : Cho s6 liéu :

Sé lieu 7 4 15 17 63
Tan s6 2 1 5 9 14

Tim s8 trung binh X, phuong sai o:(cy)

Bai 4 : Cho ham s6 v = x4 + 5x3 - 3x2 + x - 1. Tinh y khi x = 1,35627

Bai 5 : Cho Parabol (P) c6 phuong trinh : y = 4,7x2 - 3,4x - 4,6. Tinh toa 40
(xo0 ; yo) cua dinh S cua Parabol.

Bai 6 : Tim giao diém cua Parabol (P) vi truc hoanh.

Bai 7 : Tinh ban kinh hinh ciu cé thé tich V= 137,45dm3

Bai 8 : Cho sinx = 0,32167 (0o < x < 900 ). Tinh A = cos2x - 2sinx- sin3x

oNg Noai
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3h47ph55gi+ 5hl Iph45gi
Bai 9 : Tinh B = 6h52phl7gi

Cau 10 : Tinh dién tich hinh tron néi tiép trong tam giac déu c6 canh dai a=
12,46.

Bai 11 : Tim mét nghiém gan dung cta phuong trinh : x - Vx = 1
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